LAT axioms

LATO001-0.ax Lattice theory (equality) axioms

AT =1 cnf(idempotence_of_meet, axiom)

zrVr=ux cnf(idempotence_of_join, axiom)

zA(zVy) == cnf(absorption;, axiom)

zV(xAy) =x cnf(absorption,, axiom)

TANy=yAzx cnf(commutativity_of_meet, axiom)
xVy=yVzx cnf(commutativity_of_join, axiom)

(@AY ANz=xA(YAz) cnf(associativity _of_meet, axiom)
(xVy)Vz=zV(yVz) enf(associativity_of_join, axiom)

LATO001-1.ax Lattice theory modularity (equality) axioms

T Ang =ng cnf(x_meetg, axiom)
xVng =z cnf(x_joing, axiom)
xTAny =z cnf(x_meetq, axiom)
xVmng =ng cnf(x_join, , axiom)

xAz=2 = zA(xVy)=2xV (yAz) cnf(modular, axiom)

LATO001-2.ax Lattice theory complement (equality) axioms

=y = zAy=ng cnf(complement_meet, axiom)
=y = zVy=mn cnf(complement_join, axiom)
(xAy=ngand zVy=mny) = 2'=y enf(meet_join_complement, axiom)

LATO001-3.ax Lattice theory unique complement (equality) axioms
unique_complement(z,y) = a'=y cnf(unique_complement, , axiom)
(unique_complement(z,y) and #'=z2) = z=y cnf(unique_complement,, axiom)
2’=y = (unique_complement(z,y) or 2'=f(x,y)) cnf(unique_complement, axiom)
('=y and f(x,y) =y) = unique_complement(z,y) cnf(unique_complement,, axiom)

LATO001-4.ax Lattice theory unique complementation (equality) axioms

zva' =1 cnf(complement_join, axiom)
x Az’ =0 cnf(complement_meet, axiom)
(zAy=0andzVvy=1) = 2/ =y cnf(meet_join_complement, axiom)

LATO002-0.ax Lattice theory axioms

ny V r=n cnf(join_1_and_x, axiom)

TV r=x cnf(join_x_and x, axiom)

ng V x=x cnf(join_0_and_x, axiom)

ng A x=ng cnf(meet_0_and _x, axiom)

T ANr=x cnf(meet_x_and_x, axiom)

ny A r=x cnf(meet_1_and _x, axiom)

TANYy=z = yAzr=z cnf(commutativity of_meet, axiom)
rVy=z = yVvVr=z cnf(commutativity of_join, axiom)
rANy=z = zVz=zr cnf(absorbtion;, axiom)

rVy=z = TrNz=z cnf(absorbtiong, axiom)

(x ANy=xy and y A z=yz and = A yz=xyz) = Xy A 2=Xyz enf(associativity _of_meet,, axiom)
(x Ay=xy and y A z=yz and xy A 2=xyz) = T A yz=xyz enf(associativity _of_meet,, axiom)
(xVy=xy and y V z=yz and z V yz=xyz) = Xy V z=Xyz cnf(associativity of_join, , axiom)
(zVy=xy and y V z=yz and xy V 2=xyz) = 2z V yz=xyz cnf(associativity of_join,, axiom)
(x A z=z and zVy=z; and y A z=y; and z Ax1=21) = =V yi=21 cnf(modularity, , axiom)
(x AN z=z and zVy=zi and y A z=y; and zVy1=21) = zAx1=21 cnf(modularity,, axiom)
x A y=meet_of(x,y) cnf(meet_total function; , axiom)

(x ANy=2z1 and x Ay=23) = 21 = 23 cnf(meet_total_functions, axiom)

x V y=join_of(x, y) cnf(join_total_function,, axiom)

(xVy=z1 and zV y=2z3) = 21 = 22 cnf(join_total_function,, axiom)

LAT003-0.ax Ortholattice theory (equality) axioms

'Vr=n cnf(top, axiom)
' Az =mng cnf(bottom, axiom)
zV(zAhy) == cnf(absorption,, axiom)

TANYy=yAzx cnf(commutativity_of_meet, axiom)



zVy=yVz cnf(commutativity_of_join, axiom)

(AY)ANz=xA(YyAz) cnf(associativity _of_meet, axiom)
(xVy)Vz=azV(yVz) cnf(associativity_of_join, axiom)
() =z cnf(complement_involution, axiom)
zV(yVvy)=yVvy cnf(join_complement, axiom )
xAy=(a'Vvy') cnf(meet_complement, axiom)
LAT004-0.ax Quasilattice theory (equality) axioms

TANr ==z cnf(idempotence_of_meet, axiom)

rVr=zx enf(idempotence_of_join, axiom)

TANYy=yAzx cnf(commutativity_of_meet, axiom)
xVy=yVzx cnf(commutativity_of_join, axiom)
(AY)ANz=zA(YyAz) cnf(associativity _of_meet, axiom)
(xVy)Vz=zV(yVz) enf(associativity_of_join, axiom)

(xAyVz)VieAy)=xA(yVz2) cnf(quasi_lattice, , axiom)
(xV(yAz)A(xVy) =zV(yAz) cnf(quasi_lattice,, axiom)

LAT005-0.ax Weakly Associative Lattices theory (equality) axioms

ANz ==x cnf(idempotence_of_meet, axiom)
V=1 cnf(idempotence_of_join, axiom)
TANy=yAz cnf(commutativity_of_meet, axiom)
xVy=yVzx cnf(commutativity_of_join, axiom)

(xvVy)ANzVy)Ay=y cnf(waly, axiom)
(xAy)V(zAY)Vy=y cnf(walg, axiom)

LATO006-0.ax Tarski’s fixed point theorem (equality) axioms

c_Tarski_Opotype_Opotype__ext(v_pset, v_order, v_more, t_a, t_z) = ¢_Tarski_Opotype_Opotype__ext(v_pset_H, v_order_H, v_mq
v_pset = v_pset_H cnf(cls_Tarski_Opotype_Oext__inject,, axiom)

c_Tarski_Opotype_Opotype__ext(v_pset, v_order, v_more, t_a, t_z) = c_Tarski_Opotype_Opotype__ext(v_pset_H, v_order_H, v_mq

v_order = v_order_H enf(cls_Tarski_Opotype_Oext__inject, , axiom)
c_Tarski_Opotype_Opotype__ext(v_pset, v_order, v_.more, t_a, t_z) = c¢_Tarski_Opotype_Opotype__ext(v_pset_H, v_order_H, v_m
v_more = v_more_H cnf(cls_Tarski_Opotype_Oext__inject,, axiom)

c_Tarski_Opotype_Opset(c_Tarski_Opotype_Opotype__ext(v_y, v_order, v_more, t_a, t_z),t_a,t_z) = vy cnf(cls_Tarski_Opo
c_Tarski_Opotype_Oorder(c_Tarski_-Opotype_Opotype__ext(v_pset, v_y, v.more, t_a, t_z), t-a, t_z) = v_y cnf(cls_Tarski_Opo
c_Tarski_Opotype_Omore(c_Tarski_Opotype_Opotype__ext(v_pset, v_order, v_y, t-a, t_-a), t-a, t_a) = v_y enf(cls_Tarski_-Opo
c_Tarski_Opotype_Opset__update(v_pset_H, c_Tarski_Opotype_Opotype__ext(v_pset, v_order, v_more, t_a, t z), t_a, tz) =
c_Tarski_Opotype_Opotype__ext(v_pset_H, v_order, v_more, t_a, t_z) cnf(cls_Tarski_Opotype_Oupdate__convs__1,, axiom)
c_Tarski_Opotype_Oorder__update(v_order_H, c_Tarski_Opotype_Opotype__ext(v_pset, v_order, v_more, t_a, t_z), t_a,t z) =
c_Tarski_Opotype_Opotype__ext(v_pset, v_order_H, v_more, t_a, t_z) cnf(cls_Tarski_-Opotype_Oupdate__convs__2,,, axiom)
c_Tarski_Opotype_Omore__update(v_more_H, c_Tarski_Opotype_Opotype__ext(v_pset, v_order, v_more, t_a, t_z), tz,t-a) =
c_Tarski_Opotype_Opotype__ext(v_pset, v_order, v_more_H, t_a, t_z) enf(cls_Tarski_-Opotype_Oupdate__convs__3,,, axiom)

LATO006-1.ax Tarski’s fixed point theorem GLB (equality) axioms

v_A = ¢_Tarski_Opotype_Opset(v_cl, t-a, tc_Product__Type_Ounit) cnf(cls_Tarski-OA_A_61_61_Apset_Acl,, axiom)
(cin(vx,v_S,t-a) and c_in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t-a, tc_Product__Type_O
c_in(c_Pair(v_x, c_Tarski_Olub(v_S, v_cl, t_a), t_a, t_a), c_Tarski_Opotype_Oorder(v_cl, t_a, tc_Product__Type_Ounit), tc_prod (t-
c_in(c_Pair(v_x, v_y, t_a, t_a), c_Tarski_Opotype_Oorder(c_Tarski_Odual(v_cl, t_a), t_a, tc_Product__Type_Ounit), tc_prod(t_a, t_
c_in(c_Pair(v_y, v_x, t_a, t_a), c_Tarski_Opotype_Oorder(v_cl, t_a, tc_ Product__Type_Ounit), tc_prod(t_a, t_a)) cnf(cls_Tarsk
c-in(c_Pair(v_y, vx, t-a, t_a), c_Tarski_Opotype_Oorder(v_cl, t_a, tc_Product__Type_Ounit), tc_prod(t-a, t-a)) = c.in(c_Pair(v.
c-in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_.Product__Type_Ounit)) = c_Relation_C
c_in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) = c_Relation_C
c_in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) = c_Relation_C
c_in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) cnf(cls_Tarsk
c_in(c_Tarski_Odual(v_cl, t_a), c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Our
c-in(c_Tarski-Odual(v_cl, t_a), c_Tarski_OPartialOrder, tc_Tarski-Opotype_Opotype__ext__type(t-a, tc_Product__Type_Ounit))
c_Tarski_Oglb(v_S, v_cl, t-a) = c_Tarski_Olub(v_S, c_Tarski_Odual(v_cl, t_a), t_a) enf(cls_Tarski_Oglb__dual__lub,, axiom)
c_Tarski_Opotype_Opset(c_Tarski_-Odual(v_cl, t_a), t_a, tc_Product__Type_Ounit) = c_Tarski_Opotype_Opset(v_cl, t_a, tc_Prod
v_r = ¢_Tarski_Opotype_Oorder(v_cl, t_a, tc_ Product__Type_Ounit) cnf(cls_Tarski_Or_A_61_61_Aorder_Acly, axiom)

LAT problems

LATO001-1.pIf X' =UVVand Y =UAV,then U’ =XV (Y AV)



The theorem states that there is a complement of ”a” in a modular lattice with 0 and 1.
include(’Axioms/LAT001-0.ax’)
include(’Axioms/LAT001-1.ax’)
include(’Axioms/LAT001-2.ax’)

ri=aVb cnf(complement_of_a_join_b, hypothesis)
rh=a Ab cnf(complement_of_a_meet_b, hypothesis)
—a'=ry V(ra A b) cnf(prove_complememt, negated_conjecture)

LAT002-1.pIf X’=UV Vand Y = U AV, then U’ exists

The theorem states that there is a complement of ”a” in a modular lattice with 0 and 1.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-1.ax’)

include(’Axioms/LAT001-2.ax’)

ri=aVb enf(complement_of_a_join_b, hypothesis)
rh=a Ab cnf(complement_of_a_meet_b, hypothesis)
—a'=w cnf(prove_complememt _exists, negated_conjecture)

LATO003-1.p A fairly complex equation to establish
FX’=UvVandY =UA Vand U’ =UC and V’ = VC then (U V V)’ = UC A VC.” means unique complement.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-1.ax’)

include(’Axioms/LAT001-2.ax’)

include(’Axioms/LAT001-3.ax”)

ri=aVb enf(complement_of_a_join_b, hypothesis)

rh=a Ab cnf(complement_of_a_meet_b, hypothesis)
unique_complement(a, as) cnf(unique_complement _of _a, hypothesis)
unique_complement (b, by) cnf(unique_complement_of b, hypothesis)
—aVb=as A by cnf(prove_complement, negated_conjecture)

LATO004-1.p A fairly complex equation to establish

IfFX=UVVand Y =UAVand U = UC and V' = VC then (U V V)” = (UC A VC). ” means unique
complement.

include(’Axioms/LAT001-0.ax”)

include(’Axioms/LAT001-1.ax’)

include(’Axioms/LAT001-2.ax’)

include(’Axioms/LAT001-3.ax’)

ri=aVb cnf(complement_of_a_join_b, hypothesis)

rh=a Ab cnf(complement_of_a_meet_b, hypothesis)

unique_complement(a, az) cnf(unique_complement _of_a, hypothesis)
unique_complement (b, by) cnf(unique_complement_of_b, hypothesis)

— unique_complement(a V b, as A by) cnf(prove_unique_complement, negated_conjecture)

LATO005-3.p SAM’s lemma

Let L be a modular lattice with 0 and 1. Suppose that A and B are elements of L such that (A V B) and (A A B)
both have not necessarily unique complements. Then, (A V B)’ = ((AVB) V((AAB) AB)) A (AVB) V ((A
A B) A A)).

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-1.ax")

include(’Axioms/LAT001-2.ax’)

ri=aVb cnf(complement_of_a_join_b, hypothesis)

rh=a Ab cnf(complement_of_a_meet_b, hypothesis)

r1# (riV(ra Ab))A(r1V(ra Aa)) cnf(prove_lemma, negated_conjecture)

LATO005-4.p SAM’s lemma

Let L be a modular lattice with 0 and 1. Suppose that A and B are elements of L such that (A vV B) and (A A B)
both have not necessarily unique complements. Then, (A vV B)’ = ((AVB) V((AAB)Y AB)) A (AVB) VvV ((A
A B) A A)).

include(’Axioms/LAT001-0.ax”)

include(’Axioms/LAT001-1.ax’)

roV(aAb) =ny cnf(r2_complement_meet_a_b;, negated_conjecture)

ro A (aAD) =ng cnf(r2_complement_meet_a_b,, negated_conjecture)

r1V(aVb)=mn cnf(rl_complement_join_a_b, negated_conjecture)



r1A(aVb)=ng cnf(rl_complement_join_a_b,, negated_conjecture)

ri1V(aAry) =by cnf(define_bg, negated_conjecture)
r1V (bAry) = az cnf(define_ag, negated_conjecture)
as Nba #11 cnf(prove_SAMs_lemma, negated _conjecture)

LATO005-5.p SAM’s lemma

Let L be a modular lattice with 0 and 1. Suppose that A and B are elements of L such that (A vV B) and (A A B)
both have not necessarily unique complements. Then, (A vV B)’ = ((A Vv B)’V((AAB) AB)) A ((AVB) VvV ((A
A B) A A)).

include(’Axioms/LAT002-0.ax’)

a A b=c cnf(meet_a_and_b, negated_conjecture)

cVro=ng cnf(join_c_and_r,y, negated_conjecture)
cN\ra=ng cnf(meet_c_and_ra, negated_conjecture)

ro A b=e cnf(meet_r2_and_b, negated_conjecture)
aVb=co cnf(join_a_and_b, negated _conjecture)

co Vri=n, cnf(join_c2_and_ry, negated_conjecture)

ca A ri=ng cnf(meet_c2_and rq, negated_conjecture)
ro A a=d cnf(meet_r2_and_a, negated_conjecture)
r1Ve=as cnf(join_rl_and_e, negated_conjecture)

r1 V d=by cnf(join_rl_and_d, negated_conjecture)

—ag A by=r;] cnf(meet_a2_and_bs, negated_conjecture)

LATO005-6.p SAM’s lemma
Let L be a modular lattice with 0 and 1. Suppose that A and B are elements of L such that (A V B) and (A A B)
both have not necessarily unique complements. Then, (A VB) = ((AVB) V (AAB)Y AB)) A ((AV B) V ((A

A B) A A)).

include(’Axioms/LAT002-0.ax’)

xVni=ng cnf(join_x_and,, axiom)

xVno=x enf(join_x_and,), axiom)

T A nog=ng cnf(meet_x_andg, axiom)

T Ani=x cnf(meet_x_and;, axiom)

(x ANz=zand yV z=y; and x Ay=x1 and x Ay1=21) = zVa1=2 cnf(modularitys, axiom)
(xANz=zand yV z=y; and x Ay=x1 and zV z1=21) = zAy1=2 cnf(modularity,, axiom)
a N\b=c cnf(meet_a_and_b, negated_conjecture)

cVra=ng cnf(join_c_and_ry, negated _conjecture)

cA\ro=ng cnf(meet_c_and_rs, negated_conjecture)

r9 A\ b=e cnf(meet_r2_and_b, negated_conjecture)

aVb=cy cnf(join_a_and_b, negated_conjecture)

ca Vri=ng cnf(join_c2_and_ry, negated_conjecture)

co A\ Tr1=ny cnf(meet_c2_and_r1, negated_conjecture)

ro Aa=d  cnf(meet_r2_and.a, negated_conjecture)

r1Ve=as cnf(join_rl_and_e, negated _conjecture)

r1 V d=by cnf(join_rl_and_d, negated_conjecture)

—as A bo=r1 cnf(meet_a2_and_bs, negated_conjecture)

LATO006-1.p Sholander’s basis for distributive lattices, part 2 (of 6).

This is part of the proof that Sholanders 2-basis for distributive lattices is correct. Here we prove associativity of
meet.

zA(xVy) =z cnf(absorption, axiom)

xA(yVz)=(zAz)V(yAx) cnf(distribution, axiom)

(aANb)ANc#aN(bAc) cnf(prove_associativity_of_meet, negated_conjecture)

LATO007-1.p Sholander’s basis for distributive lattices, part 5 (of 6).

This is part of the proof that Sholanders 2-basis for distributive lattices is correct. Here we prove associativity of
join.

zA(xVy) =x cnf(absorption, axiom)

xA(yVz)=(zAz)V(yAx) cnf(distribution, axiom)

(avb)Ve#aV (bVe) cnf(prove_associativity_of_join, negated_conjecture)

LATO008-1.p Sholander’s basis for distributive lattices, part 5 (of 6).

This is part of the proof that Sholanders 2-basis for distributive lattices is correct. Here we prove the absorption
law x V (x A y) = x.



zA(xVy) =x cnf(absorption, axiom)
xA(yVz)=(zAz)V(yAx) cnf(distribution, axiom)
aV(aNndb)#a cnf(prove_absorbtion_dual, negated_conjecture)

LATO009-1.p A self-dual form of distributivity for lattice theory.

From lattice theory axioms and a self-dual form of distributivity, we prove ordinary distributivity.
include(’Axioms/LAT001-0.ax’)

((Any)Vv2)Ay)V(zAz)=(((zVy) Az)Vy) A(zVa) cnf(distributivity_dual, axiom)
aV(bAc)#(aVb)A(aVec) cnf(prove_distributivity, negated_conjecture)

LATO010-1.p McKenzie’s basis for the variety generated by Nb.

McKenzie’s basis for the variety generated by N5.

include(’Axioms/LAT001-0.ax’)

zAyViEAVu))=>@AyV@EAz))VeA(zAy)V(zAw)) cnf(nby, hypothesis)
zVyN@EzVAuw))=(VyAlVz))AV(zVy) A(zVuw)) cnf(nbq, hypothesis)
(VyAN)ANEV(@eAy)=EA@V(YA2)V(EA(yV=z) cnf(nrg, hypothesis)

an((bVe)A(bVd)) # (an((bVe)A(bVA))A((an(bV (cAd)))V((ane)V(and))) cnf(prove_this, negated_conjecture)

A\
V

LATO011-1.p Uniqueness of meet (dually join) in lattice theory

Let’s say we have a lattice with two meet operations, say meetl and meet2. In other words, join,meetl is a lattice,
and join,meet2 is a lattice. Then, we can prove that the two meet operations are really the same.
include(’Axioms/LAT001-0.ax’)

TNox =2 cnf(idempotence_of_meet,, axiom)

TNy =yNax cnf(commutativity_of_meet,, axiom)

xAy (zVy) ==z cnf(absorptionl,, axiom)

xV(rhyy) =2 cnf(absorption2,, axiom)

(xA2y) Nz =12 Na (Y N2 %) cnf(associativity _of_meet,, axiom)
aNb#aNb cnf(prove_meets_are_same, negated_conjecture)

LATO012-1.p McKenzie’s 4-basis for lattice theory, part 1 (of 3)

This is part of a proof that McKenzie’s 4-basis axiomatizes lattice theory. We prove half of the standard basis. The
other half follows by duality. In this part we prove commutativity of meet.

zVyN(xzAz) ==z cnf(mckenzie, axiom)

zsANyV(zVz)==z cnf(mckenzies, axiom)

((xAy)VyAz)Vy=y cnf(mckenzies, axiom)

((xVvy)AlyVz)Ay=y cnf(mckenziey, axiom)

bAa#aNb cnf(prove_commutativity of_meet, negated_conjecture)

LATO013-1.p McKenzie's 4-basis for lattice theory, part 2 (of 3)

This is part of a proof that McKenzie’s 4-basis axiomatizes lattice theory. We prove half of the standard basis. The
other half follows by duality. In this part we prove associativity of meet.

xV(yN(@Az) ==z cnf(mckenzieq, axiom)

cAyV(zVz)==z cnf(mckenziey, axiom)

((xAy)VyAz)Vy=y cnf(mckenzies, axiom)

((evy)AlyVz)Ay=y cnf(mckenziey, axiom)

(anNb)ANc#aNn(bAc) cnf(prove_associativity _of_meet, negated_conjecture)

LATO014-1.p McKenzie’s 4-basis for lattice theory, part 3 (of 3)

This is part of a proof that McKenzie’s 4-basis axiomatizes lattice theory. We prove half of the standard basis. The
other half follows by duality. In this part we prove absorbtion of meet.

zVyN(xzAz) ==z cnf(mckenzie, axiom)

cAyVveVvz)==1 cnf(mckenziey, axiom)

((xAy)V(yAz)Vy=y cnf(mckenzies, axiom)

((xVvy)AlyVz)Ay=y cnf(mckenziey, axiom)

aN(aVd)#£a cnf(prove_absorbtion, negated_conjecture)

LATO015-1.p Single axiom for lattice theory

This starts with a single axiom for lattice theory and derives a standard basis for lattice theory.
((@Ay)VyA(@vy)) AV (@A (@A) V(yAz2)) VY)) V(YA (21 V([ Vaz)) AlesVy) Ay)) v (uAy Y ((@0V (g Vv
22)) A (@3 Vy)) Ay)))) AV (21 Ay) V(g Az2)) V) A(((2Ay)V(yA(zVy)))Vz)) =y cnf(single_axiom, axiom)
(aha=aandaAb=bAaand (aAb)ANc=aA(bAc)andaVa =aandaVb=>bVaand (aVb)Vc=
aV((®Ve)andaA(aVbd)=a) = aV(aAb)#a cnf(prove_normal_axioms, negated_conjecture)

LATO016-1.p E1 fails for Ortholattices.
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Show that Ortholattices do not necessarily satisfy equation E1.
include(’Axioms/LAT003-0.ax’)
((ant)va' )V ((anb' )V (@ A((aVI)A(aVD))V(a A((aVE)A(aVD))))) # na cnf(prove_e;, negated_conjecture)

LATO017-1.p E2 holds in Ortholattices.

Prove that from ortholattice axioms, one can derive equation E2.

include(’Axioms/LAT003-0.ax’)

aV (@ A((aVd)A(aVD))V(dA((d Ab)V (' AY)))) #n1 cnf(prove_e,, negated_conjecture)

LATO018-1.p E3 holds in Ortholattices.

Prove that from ortholattice axioms, one can derive equation E3.
include(’Axioms/LAT003-0.ax’)

(@ AD)V (@ ANV))V (aN(a’ VD)) V(a VD) #n enf(prove_es, negated _conjecture)

LATO019-1.p In quasilattices, a distributive law implies its dual.
include(’Axioms/LAT004-0.ax’)

e A(yVz)=(@Ay)V(zAz) cnf(distributivity law, hypothesis)
aV((bAe)#(aVDb)A(aVe) cnf(prove_distributivity_law_dual, negated_conjecture)

LATO020-1.p Self-dual distributivity for quasilattices.

include(’Axioms/LAT004-0.ax’)

((Any)V2)Ay)VzAz)=(((zVy) Az)Vy) A(zVa) cnf(self_dual_distributivity, hypothesis)
aN(dVe)#(anb)V(aAc) cnf(prove_distributivity, negated _conjecture)

LATO021-1.p Bowden’s inequality gives distributivity in lattice theory.
include(’Axioms/LAT004-0.ax’)

(xVyA)V(zVy) Az)=xV (yAz) enf(bowden, hypothesis)
aN(dVe)#(anb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LATO022-1.p Self-dual modularity for quasilattices.

include(’Axioms/LAT004-0.ax”)

Ay VEzA(eVYy)=(@Vy AV (zAy)) enf(self_dual_modularity, hypothesis)
aN(dV(aNc))#£(andb)V(aAec) cnf(prove_modularity, negated _conjecture)

LATO023-1.p Yet another modularity equation for quasilattices.
include(’Axioms/LAT004-0.ax”)

((xvy)Az)Vy=((zVy)Az)Vy cnf(modularity _axiom, hypothesis)
an(dV(aNc))#£(anb)V(aAc) cnf(prove_modularity, negated _conjecture)

LAT024-1.p Meet (dually join) is not necessarily unique for quasilattices.

Let’s say we have a quasilattice with two meet operations, say meetl and meet2. In other words, join,meetl is a
lattice, and join,meet2 is a lattice. Then, we can show that the two meet operations not necessarily the same.
include(’Axioms/LAT004-0.ax’)

TNox =2 cnf(idempotence_of_meet,, axiom)
TNy =yNow cnf(commutativity of_meet,, axiom)
(xA2y) Aoz =12 Ny (y N2 2) cnf(associativity of_meet,, axiom)

(A2 (yVz)V(zAhay)=x N2 (yV2) cnf(quasi_latticel,, axiom)

(xV(yA22) Ao (zVy)=xV (yAs2) cnf(quasi_lattice2,, axiom)

aNbZ£aNb cnf(prove_meets_equal, negated_conjecture)

LAT025-1.p Non-uniqueness of meet (dually join) in TNL

Let’s say we have a ternary near-lattice (TNL) with two meet operations, say meetl and meet2. In other words,
join,meet1 and join,meet2 are TNLs. Are the two meets necessarily the same? No, they aren’t. Here is a counterex-
ample.

rANr ==z cnf(idempotence_of_meet, axiom)
rVr=uz enf(idempotence_of_join, axiom)
zA(zVy) == cnf(absorption;, axiom)
zV(xAy) =x cnf(absorption,, axiom)
TANYy=yAzx cnf(commutativity_of_meet, axiom)
tVy=yVz cnf(commutativity_of_join, axiom)

zVyN(zAz) ==z cnf(tnly, axiom)
xA(yV(xVvz)==z cenf(tnly, axiom)

TNox =2 cnf(idempotence_of_meet,, axiom)
xN(xVy)=1x cnf(absorptionl,, axiom)
xV(rhay) =2 cnf(absorption2,, axiom)



TNy =yANax cnf(commutativity_of_meet,, axiom)
V(YN (zh22)) ==z enf(tnl_12, axiom)

xA2 (yV(rVz)=x cnf(tnl 29, axiom)

aNb#aNb enf(prove_meets_equal, negated_conjecture)

LATO026-1.p WAL + absorption gives LT, part 1.

A Weakly associative lattice (WAL) satisfying an absorption law is associative, and therefore a full lattice, part 1.
include(’Axioms/LAT005-0.ax”)

xA(yVzVvz)==z cnf(absorbtion, hypothesis)

(anb)yNec#an(bAc) cnf(prove_associativity_of _meet, negated_conjecture)

LATO027-1.p WAL + absorption gives LT, part 2.

A Weakly associative lattice (WAL) satisfying an absorption law is associative, and therefore a full lattice, part 2.
include(’Axioms/LAT005-0.ax’)

cAyV(zVz)==z cnf(absorption, hypothesis)

(avb)Ve#aV (bVe) cnf(prove_associativity_of_join, negated_conjecture)

LATO028-1.p Uniqueness of meet (dually join) in WAL

Let’s say we have a weakly-associative lattice (WAL) with 2 meet operations, say meetl and meet2. In other words,
join,meet1 is a WAL, and join,meet2 is a WAL. Then, we can prove that the two meet operations are really the
same.

include(’Axioms/LAT005-0.ax’)

TNox =2 cnf(idempotence_of_meet,, axiom)

TNy =yNax cnf(commutativity_of_meet,, axiom)

((xVy) Na (zVY)) Aoy =1y cnf(wal_15, axiom)

(xAh2y)V(zA2y))Vy=1y cnf(wal 25, axiom)

aNb#aNb cnf(name, negated_conjecture)

LATO029-1.p Absorption basis for WAL

Prove that the 5 absorption equations below are a basis for weakly associative lattices. This can be done by deriving
commutativity and idempotence of the two operations.

(xAy)V(eA(zVy) ==z cnf(wal_absorbtion; , axiom)

(xAZ)V (YA (zVr)=2a cnf(wal_absorbtions, axiom)

(xAYy)VyA(zVy)) =y enf(wal_absorbtions, axiom)

((xvy)AN(zVZ) A==z cnf(wal_absorbtiony, axiom)

(xAy)V(zAx) V== cnf(wal_absorbtions, axiom)

(aNa=aandbAa=aAbandaVa=a) = bVa#aVb cnf(prove_normal_axioms, negated_conjecture)

LATO030-1.p Single axiom for weakly associative lattices (WAL)

This starts with a single axiom for WAL and derives a standard basis for WAL.

(eAy) VA @vy)Az)V (@A Az) V(z2Ay)) V) V(YA (g Va) Az Vy) Ay)) V(A (y v (Vo) A
(@2 Vy) Ay AV (Y Az) V(z2 Ay) Vy))) Az Ay) vV (yA(zVy)))Vz) =y cof(single axiom, axiom)
(ana=aand bAa=aAband aVa=aand bVa=aVband ((aVb)A(cVb)Ab=b) = ((aAb)V(cAD))VbH#
b enf(prove_wal_axioms, negated_conjecture)

LATO031-1.p Distributivity of meet implies distributivity of join
include(’Axioms/LAT001-0.ax”)

xA(yVz)=(xAy)V(zAz) cnf(dist_meet, hypothesis)

xx V (yy Azz) # (xx Vyy) A (xx V 22) cnf(dist_join, negated_conjecture)
LATO032-1.p Distributivity of join implies distributivity of meet
include(’Axioms/LAT001-0.ax’)

xV(yAz)=(xVy) A(xzVz) cenf(dist_join, hypothesis)

xx A (yy Vzz) # (xx Ayy) V (xx A 2z) cnf(dist_meet, negated_conjecture)
LATO033-1.p Idempotency of join

xA(zVy) == cnf(absorption;, axiom)

xV(zhy) == cnf(absorption,, axiom)

TANy=yAz cnf(commutativity_of_meet, axiom)
xVy=yVzx cnf(commutativity_of_join, axiom)
(AY)ANz=axA(YAz) cnf(associativity _of_meet, axiom)
(xVy)Vz=zV(yVz) enf(associativity_of_join, axiom)
XX V XX # XX cnf(idempotence_of_join, negated_conjecture)

LATO034-1.p Idempotency of meet
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zA(xVy) =x cnf(absorption, , axiom)

zV(zhy) == cnf(absorption,, axiom)

TANYy=yAzx cnf(commutativity_of_meet, axiom)
xVy=yVz enf(commutativity_of_join, axiom)
(xAY)ANz=zA(yAz) cenf(associativity _of_meet, axiom)
(xVy)Vz=xzV(yVz) cnf(associativity of_join, axiom)
XX A XX # XX cnf(idempotence_of _meet, negated _conjecture)

LATO035-1.p Composition to form a join hemimorphism
In a lattice with 0,1, the composition of a unary join antihemimorphism and a lattice antimorphism is a join
hemimorphism.

include(’Axioms/LAT001-0.ax’)

T Ang=ng cnf(x_meetg, axiom)
xrVny=zc cnf(x_joing, axiom)
xAng =z enf(x_meet;, axiom)
xVmng=ng cnf(x_join, , axiom)

xAz=x = zA(xVy)=zV (yAz) cnf(modular, axiom)

kE(u Vo) =k(u) A k(v) cnf(k_on_join, axiom)
kE(u Av) = k(u) V k(v) cnf(k_on_meet, axiom)
k(ng) =mnq enf(k_on_bottom, axiom)

k(n1) =no enf(k_on_top, axiom)

flunv) = flu)V fv) cnf(f_on_meet, axiom)
fn1) =mng cnf(f_on_top, axiom)

f(k(aa Vv bb)) = f(k(aa)) vV f(k(bb)) = f(k(no)) # no cnf(comp_join_hemimorphism, negated_conjecture)

LATO036-1.p Property of a distributive lattive with an antimorphism

In every distributive lattice with 0,1 and an antimorphism k: if kA2(a) < a V k(a) and kA3(b) < a V k(a) and kA2(a)
< k(a) V k(b) V k(c) and kA3(b) < k(a) V k(b) V k(c) then kA2(a V k(b)) < (a & k(b & ¢)) V k(a)
include(’Axioms/LAT001-0.ax’)

xV(yAz)=(@Vy A(zVz) cnf(dist_join, hypothesis)

xA(yVz)=(xAy)V(zAz) cnf(dist_meet, hypothesis)

T Ang =ng cnf(x_meety, axiom)
xVng=z cnf(x_joing, axiom)
rAng =z cnf(x_meet;, axiom)
rVng=mng cnf(x_join,, axiom)

xAhz=2 = zA(xVy)=2xV (yAz2) cnf(modular, axiom)
E(u Vo) =k(u) A k(v) cenf(k_on_join, axiom)

E(u Av) = k(u) V k(v) cnf(k_on_meet, axiom)

k(ng) = mq cnf(k_on_bottom, axiom)

k(ny) =ng cnf(k_on_top, axiom)

k(k(a )) V (aa V k(aa)) = aa V k(aa) cnf(lhsy, hypothesis)

k(k(k(bb))) V (aaV k(aa)) = aa V k(aa) cnf(lhsy, hypothesis)

k(k(aa)) V (k(aa) V (k(bb) V k(cc))) = k(aa) V (k(bb) V k(cc)) cnf(lhsg, hypothesis)
k(k(k(bb))) V (k(aa) V (k(bb) V k(cc))) = k(aa) V (k(bb) V k(cc)) cnf(lhsy, hypothesis)

k(k(aa V k(bb))) V ((aa A k(bb A cc)) V k(aa)) # (aa A k(bb A cc)) V k(aa) cnf(rhs, negated_conjecture)

LATO037-1.p Uniqueness of complement

Distributive lattice complements are unique whenever they exist.
include(’Axioms/LAT001-0.ax’)

xV(yAz)=(@Vy) A(zVz) cnf(dist_join, hypothesis)

e A(yVz)=(@Ay)V(zAz) cnf(dist_meet, hypothesis)

T Ang =ng cnf(x_meety, axiom)

xVng==z cnf(x_joing, axiom)

TAN =T cnf(x_meety, axiom)

xrVng=mng cnf(x_join, , axiom)

xAz=2 = zA(@Vy)=xV (yAz2) cnf(modular, axiom)
xx Vyy =ng cnf(lhsy, axiom)

xx V 2z = nq cnf(lhsy, axiom)

XX A Yy = ng cnf(lhss, axiom)

XX A\ 22 = Ng cnf(lhsy, axiom)

VY # 27 cnf(rhs, negated_conjecture)



LATO038-1.p Simplification rule in a distributive lattice

In a distributive lattice, the following simplification rule holds: forall a, b, ¢, d: if f(a V b, d) = f(c V b, d) and {(a,
d) & f(b, d) = f(c, d) & f(b, d) then f(a,d) = f(c,d).
include(’Axioms/LAT001-0.ax”)

xV(yAz)=(xVy)A(xzVz) cenf(dist_join, hypothesis)
xA(yVz)=(xAy)V(xAz) cnf(dist_meet, hypothesis)
fluvo,w)= f(u,w)V f(v,w) cnf(f_on_left_join, axiom)

fno,w) =ng cnf(f_on_left_bottom, axiom)

(w,uVv) = flw,u)V f(w,v) enf(f_on_right_join, axiom)

(w,mg) = ng enf(f_on_right_bottom, axiom)

(aa V bb,dd) = f(cc V bb,dd) cnf(lhsy, hypothesis)

(aa,dd) A f(bb,dd) = f(cc,dd) A f(bb,dd) cnf(lhsy, hypothesis)
f(aa,dd) # f(cc,dd) cnf(rhs, negated_conjecture)

LATO039-1.p Every distributive lattice is modular
include(’Axioms/LAT001-0.ax’)

xV(yAz)=(xVy A(zVz) cnf(dist_join, hypothesis)
cA(yVz)=(@Ay)V(zAz) cnf(dist_meet, hypothesis)
xxVyy =yy cnf(lhs, hypothesis)

xx V (yy Azz) # yy A (xx V z2) enf(rhs, negated_conjecture)

LATO039-2.p Every distributive lattice is modular

Theorem formulation : Modularity is expressed by: x <y = xV (y&z) = (xVy) & (x V 2)
include(’Axioms/LAT001-0.ax’)

xV(yAz)=(xVy) A(xzVz) cnf(dist_join, hypothesis)

xA(yVz)=(xAy)V(xAz) cnf(dist_meet, hypothesis)

XX Vyy =yy cnf(lhs, hypothesis)

xx V (yy A zz) # (xx Vyy) A (xx V zz) cnf(rhs, negated_conjecture)

LATO040-1.p Another simplification rule for distributive lattices

In every distributive lattice the simplification rule holds: forall x, y,z: (x Vy=xVz, x&y=x&z—>y=12).
include(’Axioms/LAT001-0.ax’)

xV(yAz)=(xVy) A(xzVz) enf(dist_join, hypothesis)

xA(yVz)=(xAy)V(zAz) cnf(dist_meet, hypothesis)

xx Vyy =xxVzz cnf(lhsy, hypothesis)

XX A Yy = XX A 22 cnf(lhss, hypothesis)

VY # 27 cnf(rhs, negated_conjecture)

LATO041-1.p A hyperbase for type <2,2> lattice hyperidentities
big_p(termy, z,y) = x cnf(big_p_term,, axiom)

big_p(termg, z,y) = cnf(big_p_term,, axiom)

big,p(term&x y) = tlmes(x Y) cnf(big-p-termg, axiom)
big_p(termy, z,y) = times(y, x) cnf(big_p_term,, axiom)

big p(terms,z,y) =z +y  cnf(big_p_termy, axiom)
big_p(terme, z,y) =y + = cnf(big_p_termg, axiom)

big_t(w, z,y) = big_p(w, z,y) cnf(big_p_and_big_t, axiom)

term(terml) cnf(term;, axiom)

term(terms) cnf(terms, axiom)

term(terms) cnf(terms, axiom)

term(termy) cnf(termy, axiom)

term(terms) cnf(terms, axiom)

term(termg) cnf(termg, axiom)

term(w) = big-p(w, big_p(w, z,y), z) = big_p(w, z, big_-p(w, y, 2)) cnf(ge, hypothesis)

term(w) = big_p(w, big_p(w, x,y), big-p(w, z,v)) = big_p(w, big_p(w, z, 2), big_p(w, y, v)) cnf(gs, hypothesis)

(term(w;) and term(ws)) = big_t(wy, big_-p(ws, big-t(w1,x,y), z), big_ p(wg, y,z)) = big_p(ws, big_t(w1,z,y), ) cnf(gs, h
times(a, b+times(d, times(c, €))) # times(a, b+times(b+c, times(d, times(c, €)))) cnf(prove_q,, negated_conjecture)

LATO042-1.p Lattice modularity from Boolean algebra
include(’Axioms/LAT001-0.ax’)
xA(yVz)=(xAy)V(xAz) cnf(distributivity, axiom)
¥ Var=n cnf(invertability, , axiom)

' ANx=ng cnf(invertability,, axiom)
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(') ==z cnf(invertability, axiom)
aV(OA(aVe)#(@Vb)A(aVec) cnf(prove_modular_law, negated_conjecture)

LATO043-1.p Lattice compatability from Boolean algebra
include(’Axioms/LAT001-0.ax”)
xA(yVz)=(xAy)V(zxAz) cnf(distributivity, axiom)

¥Vr=mn cnf(invertability, , axiom)
' ANz =mng cnf(invertability,, axiom)
() == cnf(invertabilitys, axiom)

(evd) £ Nd cnf(prove_compatability law, negated_conjecture)

LATO044-1.p Lattice weak orthomodular law from orthomodular lattice
include(’Axioms/LAT001-0.ax’)

(xVvy) =2 Ny cnf(compatibility,, axiom)

(xAy) =2'Vy cnf(compatibility,, axiom)

¥ Vr=mn cnf(invertability,, axiom)
' Ax=mng cnf(invertability,, axiom)
(@) == cnf(invertabilitys, axiom)

zV(@ ANxzVy)=xVy cnf(orthomodular_law, axiom)
(@ AN(@aVvb)V (' V(aAb))#n cnf(prove_weak_orthomodular_law, negated_conjecture)

LATO045-1.p Lattice orthomodular law from modular lattice
include(’Axioms/LAT001-0.ax’)

(xVy) =2 Ny cnf(compatibility,, axiom)

(xAy) =2'Vy cnf(compatibility,, axiom)

¥ Var=n cnf(invertability, , axiom)
' ANx=ng cnf(invertability,, axiom)
() =z enf(invertability 5, axiom)

xV(yAN@Vz)=(@Vy A(zVz) cnf(modular_law, axiom)
aV(adANaVvbd)#£aVd cnf(prove_orthomodular_law, negated_conjecture)

LATO046-1.p Modular ortholattice is not Boolean algebra
include(’Axioms/LAT001-0.ax’)

(xVvy) =2'Ny cnf(compatibility, , axiom)

(xANy) =2'Vy cnf(compatibility,, axiom)

¥Vr=mn cnf(invertability, , axiom)
' Az =mng cnf(invertability,, axiom)
(') ==z cnf(invertability, axiom)

xV(yAN@Vz)=(@@Vy AVz) cnf(modular_law, axiom)
aN(dVe)#(and)V(aAc) cnf(prove_distributivity, negated _conjecture)

LATO047-1.p Lattice is not modular lattice
include(’Axioms/LAT001-0.ax’)
aV(OA(aVe)#(@Vb)A(aVec) cnf(prove_modularity, negated_conjecture)

LATO048-1.p Weakly orthomodular lattice is not orthomodular lattice
include(’Axioms/LAT001-0.ax”)

(xVy) =2 Ny cnf(compatibility,, axiom)

(xAy) =2'Vy cnf(compatibility,, axiom)

¥ Vr=n cnf(invertability, , axiom)
' ANz =mng cnf(invertability,, axiom)
() ==z enf(invertability;, axiom)

@A (xVy))V(Y V(eAy)=m enf(weak_orthomodular_law, hypothesis)
aV(a N@Vb)#aVhb enf(prove_orthomodular_law, negated_conjecture)

LATO049-1.p Ortholattice is not weakly orthomodular lattice
include(’Axioms/LAT001-0.ax’)

(xVy) =2' Ny cnf(compatibility, , axiom)

(xANy) =2'Vy cnf(compatibility,, axiom)

TVr=m cnf(invertability, , axiom)
' Az =mng cnf(invertability,, axiom)
(') ==z cnf(invertability,, axiom)

(@ A(aVvbd)V({V(aAb)) #n cnf(prove_weak_orthomodular_law, negated_conjecture)
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LATO050-1.p Orthomodular lattice is not modular lattice
include(’Axioms/LAT001-0.ax’)

(xVvy) =2' Ny cnf(compatibility, , axiom)

(xANy) =2'Vy cnf(compatibility,, axiom)

¥Vr=mn cnf(invertability,, axiom)
' Az =mng cnf(invertability,, axiom)
(') ==z cnf(invertability,, axiom)

sV (@' A(zVy)=zVy cnf(orthomodular_law, axiom)
aV(bA(aVe))#(aVb)AlaVec) cnf(prove_modular_law, negated_conjecture)

LATO051-1.p Lattice is not ortholattice
include(’Axioms/LAT001-0.ax’)

' Var=mn cnf(invertability, , axiom)
' Az =mng cnf(invertability,, axiom)
(@) == cnf(invertabilitys, axiom)

(aVvbd) £d NV cnf(prove_compatibility law, negated_conjecture)

LATO052-1.p Modular lattice is not modular ortholattice
include(’Axioms/LAT001-0.ax’)

Vr=m cnf(invertability,, axiom)
' Az =mng cnf(invertability,, axiom)
(') ==z cnf(invertability, axiom)

zV(yAN@Vz)=(@Vy A(zVz) cnf(modular_law, axiom)
(aVbd)y £d AV cnf(prove_compatibility _law, negated_conjecture)

LATO053-1.p Countermodel for Megill equation for weakly orthomodular lattices
include(’Axioms/LAT001-0.ax’)

(xVvy) =a"ny cnf(compatibility, axiom)

(xAy) =2'Vy cnf(compatibility,, axiom)

¥’Vr=mn cnf(invertability,, axiom)
' Ax=mng cnf(invertability,, axiom)
(@) == cnf(invertability, axiom)

@AEVy))VEY VeAy)=m cnf(megill, axiom)

aN(®BV(an(adV(aAbd)))) #an(aV(aAb)) cnf(prove_this, negated_conjecture)
LATO054-1.p Countermodel for Megill equation for ortholattices
include(’Axioms/LAT001-0.ax’)

(xVy) =2 Ny cnf(compatibility,, axiom)

(xAy) =2'Vy cnf(compatibility,, axiom)

¥’ Vr=mn enf(invertability,, axiom)
' Az =mng cnf(invertability,, axiom)
(@) == cnf(invertabilitys, axiom)

aV (' AV AV N))))) #£aV AWV AV AV ANa))))))) cnf(prove_this, negated_conjecture)

LATO055-1.p Lattice theory axioms
include(’Axioms/LAT002-0.ax”)

LATO055-2.p Lattice theory (equality) axioms
include(’Axioms/LAT001-0.ax’)

LATO056-1.p Lattice theory modularity (equality) axioms
include(’Axioms/LAT001-0.ax’)
include(’Axioms/LAT001-1.ax’)

LATO057-1.p Lattice theory complement (equality) axioms
include(’Axioms/LAT001-0.ax’)
include(’Axioms/LAT001-2.ax’)

LATO058-1.p Lattice theory unique complement (equality) axioms
include(’Axioms/LAT001-0.ax’)
include(’Axioms/LAT001-1.ax’)
include(’Axioms/LAT001-3.ax’)

LAT059-1.p Ortholattice theory (equality) axioms
include(’Axioms/LAT003-0.ax’)
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LATO060-1.p Quasilattice theory (equality) axioms
include(’Axioms/LAT004-0.ax’)

LATO061-1.p Weakly Associative Lattices theory (equality) axioms
include(’Axioms/LAT005-0.ax’)

LATO062-1.p E51 does not necessarily hold in ortholattices

include(’Axioms/LAT001-0.ax’)

a' Va=mn cnf(top, axiom)

a ANa=mng cnf(bottom, axiom)

aNb=(a VD) cnf(compatibility, axiom)

(aVV)A(((aAd)V (a AD))V (a AY)) # (aAb)V (' AY) cnf(prove_eg; , negated_conjecture)

LATO063-1.p E62 does not necessarily hold in ortholattices
include(’Axioms/LAT001-0.ax’)

a'Va=nmn cnf(top, axiom)

a ANa=ng enf(bottom, axiom)

aNb=(ad VD) cnf(compatibility, axiom)
aN(®V(an(dV(aADb))))#an(aV(aNd)) cnf(prove_eg,, negated _conjecture)

LATO064-1.p Weak property 94-6 to make a uniquely complemented lattice Boolean
include(’Axioms/LAT001-0.ax”)

aVa =mn cenf(top, axiom)
aNa =ng cnf(bottom, axiom)
(avVb=nyand aANb=mng) = a' =b cnf(complements_are_unique, axiom)

aN(OV(cA(aV(bAnc)))=an(bV(aAc)) cnf(c946, axiom)
aN(bVe)#(anb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LATO065-1.p Weak property 94-37 to make uniquely complemented lattice Boolean
include(’Axioms/LAT001-0.ax’)

aVa =mng enf(top, axiom)
aNa =ng enf(bottom, axiom)
(avb=mnyand aANb=mny) = d' =0 cnf(complements_are_unique, axiom)

aN((bA(cV(anb))V(cA(aVd))=(aNb)V(aAc) cnf(c9437, axiom)
aN(DdVe)#(anb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LATO066-1.p Weak property G61 to make a uniquely complemented lattice Boolean
include(’Axioms/LAT001-0.ax’)

aVa =mng cnf(top, axiom)
aNa =ng cnf(bottom, axiom)
(avb=nsandaAb=mng) = o' =b cnf(complements_are_unique, axiom)

aN(OV(eV(dA(aV(bAe))))=an(bV(cV(and)) cnf(ger, axiom)
aN(dVe)#(andb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LATO067-1.p Weak property 94-3 to make a uniquely complemented lattice Boolean
include(’Axioms/LAT001-0.ax”)

aVa =n cnf(top, axiom)
aNa =ng cnf(bottom, axiom)
(avb=mnyand aANb=mng) = d =D cnf(complements_are_unique, axiom)

aNOV ((aVbd)A(eV(bA(aVe))))=aA(bVc) cnf(c943, axiom)
aN(bVe)#(anb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LATO068-1.p Weak property F53 to make a uniquely complemented lattice Boolean
include(’Axioms/LAT001-0.ax’)

aVa =mng cnf(top, axiom)
aNa =ng cnf(bottom, axiom)
(avVb=nyand aAb=ng) = o' =b cnf(complements_are_unique, axiom)

aNOV(cA@dV(an(dVe))))=an(bV(cA(aVd)) cnf( f53, axiom)
an(bVe)£(aNb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LATO069-1.p Weak property G113 to make a uniquely complemented lattice Boolean
include(’Axioms/LAT001-0.ax’)

aVa =ng cnf(top, axiom)

aNa =ng cnf(bottom, axiom)

(avb=nyandaAb=mng) = a’' =b cnf(complements_are_unique, axiom)
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aN(dV(cA((ane)V(dAn(bVe))))=an(dV((anc)V(cAd))) cnf(g113, axiom)
an(bVe)#(aNnb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LATO070-1.p Given single axiom OL-23A, prove associativity

Given a single axiom OL-23A for ortholattices (OL) in terms of the Sheffer Stroke, prove a Sheffer stroke form of
associativity.

S, a), f(a,0),d), f(a, f(f(a, f(f(b,b),D)),c))) =a  cnf(ol-23A, axiom)

fla, f(f(b,c), f(bye)) # f(c, f(f(b,a), f(b,a))) cnf(associativity, negated_conjecture)

LATO071-1.p Given single axiom OML-21C, prove associativity

Given a single axiom candidate OML-21C for orthomodular lattices (OML) in terms of the Sheffer Stroke, prove a
Sheffer stroke form of associativity.

F(F(b,a), F(F(F(F(b,a),a), F(c,a)), f(F(a,a),d))) =a  cnf(oml-21C, axiom)

fla, f(f(b,c), f(b,0)) # flc, f(f(b,a), f(b,a))) cnf(associativity, negated_conjecture)

LATO072-1.p Given single axiom OML-23A, prove associativity

Given a single axiom candidate OML-23A for orthomodular lattices (OML) in terms of the Sheffer Stroke, prove a
Sheffer stroke form of associativity.

FUFCF(F(bya), Flase)), d), Fla F(Fle f(F(a,a),0)),0)) =a  enf(oml 23A, axiom)

fla, f(f(b,e), f(b,e))) # fle, f(f(bya), f(b,a))) enf(associativity, negated _conjecture)

LATO073-1.p Given single axiom MOL-23C, prove modularity

Given a single axiom candidate MOL-23C for modular ortholattices (MOL) in terms of the Sheffer Stroke, prove a
Sheffer stroke form of modularity.

U, £(@,0),8), Fla, £(e F(f(a,b), F(F(e,c), D)) =a  enf(mol 23C, axiom)

fla, f(b, f(a, f(c,0)))) # f(a, f(c, f(a, f(b,D)))) enf(modularity, negated _conjecture)

LATO074-1.p Given single axiom MOL-25A, prove associativity

Given a single axiom candidate MOL-25A for modular ortholattices (MOL) in terms of the Sheffer Stroke, prove a
Sheffer stroke form of associativity.

F(f,a), f(f(f(a,a),c), f(f(f(f(f(a,b),c),c),a), f(a,d)))) =a  cnf(mol-25A, axiom)

fla, f(f(b,ye), f(b,e) # fle, f(f(b,a), f(b,a))) cnf(associativity, negated_conjecture)

LATO075-1.p Given single axiom MOL-25A, prove modularity

Given a single axiom candidate MOL-25A for modular ortholattices (MOL) in terms of the Sheffer Stroke, prove a
Sheffer stroke form of modularity.

F(f(bya), f(f(f(a,a), ), F(f(f(f(f(a,b),c),c),a), fla,d)))) =a  cnf(mol 25A, axiom)

fla, f(b, f(a, f(c,0))) # f(a, f(c, f(a, f(b,b)))) cnf(modularity, negated_conjecture)

LATO076-1.p Given single axiom MOL-27B1, prove associativity

Given a single axiom candidate MOL-27B1 for modular ortholattices (MOL) in terms of the Sheffer Stroke, prove a
Sheffer stroke form of associativity.

FUF S a), (e a),d), fa, f(f(fF(f(F(f(b,D),a),c),c),a),b))) =a  cnf(mol 27B,, axiom)

fla, f(f(b,e), f(b,e) # flc, f(f(b,a), f(b,a))) cuf(associativity, negated_conjecture)

LATO077-1.p Given single axiom MOL-27B1, prove modularity

Given a single axiom candidate MOL-27B1 for modular ortholattices (MOL) in terms of the Sheffer Stroke, prove a
Sheffer stroke form of modularity.

S (FB,a), f(e,0)),d), £, FFFFFSBb)a) ), 0)a),b) =a  cenf(mol 27B;, axiom)

Fa, £(b, £a, fle, ) # Fla F(c, fla, f(5,5)))  enf(modularity, negated conjecture)

LATO078-1.p Given single axiom MOL-27B2, prove associativity

Given a single axiom candidate MOL-27B2 for modular ortholattices (MOL) in terms of the Sheffer Stroke, prove a
Sheffer stroke form of associativity.

S, a), f(a,0),d), fa, F(F(f(b, (b, f(f(c,¢),a))),a),¢))) =a  cnf(mol 27B,, axiom)

fla, f(f(b,c), f(bye)) # f(c, f(f(b,a), f(b,a))) cnf(associativity, negated_conjecture)

LATO079-1.p Given single axiom MOL-27B2, prove modularity

Given a single axiom candidate MOL-27B2 for modular ortholattices (MOL) in terms of the Sheffer Stroke, prove a
Sheffer stroke form of modularity.

F b a), Fla,c)), d), Fla, F(FCFB, Fb F(f(e,c),a)))a),c))) =a  cnf(mol 27By, axiom)

f(a, f(b, f(a, f(c,¢)))) # f(a, f(c, f(a, f(b,D)))) cnf(modularity, negated_conjecture)

LATO080-1.p Axiom for lattice theory, part 1
(((anb)V (A (aVD))Ae)V (((aA(((dAD)V (DAe)

)V V(A @V (Ve A(fVE)AL)V (gAY (((dV(bV
e)) A(fVD)AD)))A(aV (((dAb)V(bAe))VD))))A(

((anb)V(bA(aVd))Ve)=b cnf(single_axiom, axiom)
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alNa#a cnf(prove_normal_axioms;, negated_conjecture)

LATO081-1.p Axiom for lattice theory, part 2

((lanb)v (A (avb))Ae)V (((an(((dAD)V(BAE) VD)V (((bA(((AV(bVe)A(fVDE))AB))V (gAY ((dV(bV
eENAFVOYAD))) A(aV(((dAD)V (BAE) VI A(((aAb)V (BA(aVD))Ve)=Db cnf(single_axiom, axiom)
aNb£bAa cnf(prove_normal_axioms,, negated_conjecture)

LATO082-1.p Axiom for lattice theory, part 3

(@A B)V (A @V b)) AQ)V (((a A ((dAB)V (bAE) VBV (A (Y (BV ) A (FVE) AB)V (g A (Y (((dV (bV
eENAFVOYAD))) A(aV(((dAD)V (BAE)) V) A(((aAb)V (BA(aVD))Ve)=Db cnf(single_axiom, axiom)
(aANb)ANc#aN(bAc) cnf(prove_normal_axiomss, negated_conjecture)

LATO083-1.p Axiom for lattice theory, part 4

((@AD)V (A @V D)) AV (@A ((dAB)V(BA))VE)V ((bA(((AV (BVe)A(FVE) ALYV (g A BV ((dV (bV
e)) A (7{ Vb)) A bz())) Af(aV (((dl/\ b)Vv(bAe))V l()i)))) A (((a /\)b) V(OA(aVD))Ve)=b enf(single_axiom, axiom)
aVa#a cnf(prove_normal_axioms,, negated_conjecture

LATO084-1.p Axiom for lattice theory, part 5

(@A) V (BA (VB AC)V (@A (([dAB)V (BA) V)V (((BA((AV BV ) AFVE) AB)V (g A BV (((dV (B
eENAFVOYAD))) A(aV (((dAD)V (BAE) VI A(((aAb)V (BA(aVD))Ve)=Db enf(single_axiom, axiom)
aVb#bVa cnf(prove_normal_axiomss, negated_conjecture)

LATO085-1.p Axiom for lattice theory, part 6

(((anD)V (bA (VD) )V ((an (AB) Y (BAE) VOV (A (Y (BV ) A(FVE) AB)V (g A (b ((dV (bY
ENAFVOYAD)))A(aV (((dAD)V (BAE) V) A(((aAb)V (BA(aVD))Ve)=Db enf(single_axiom, axiom)
(avbd)Ve#aV(bVe) cnf(prove_normal_axiomsg, negated_conjecture)

LATO086-1.p Axiom for lattice theory, part 7

((lanb) v (bA(aVB))) Ae)V(((an(((dAb)V(bAe) VD)V (((bA(((AV(bVe)A(fVE))AD)V(gADV(((dV(bV
ENAFVOYAD)))A(aV (((dAD)V (BAE) VI A(((aAb)V (BA(aVD))Ve)=Db enf(single_axiom, axiom)
aN(aVd)#a enf(prove_normal_axioms,, negated _conjecture)

LATO087-1.p Axiom for lattice theory, part 8

((lanb)V (A (aVD)))Ae)V (((an(((dAD)V(bAE) VL)V (((bA(((AV(bVe))A(fVDE))AD))V (gAY (((dV(bV
eENAfVO)YAD)))A(aV(((dAD)V(DAE)) VD)) A(((anb)V(BA(aVD))Ve)=Db cnf(single_axiom, axiom)
aV(aNdb)#a enf(prove_normal_axiomsg, negated _conjecture)

LATO088-1.p Absorption basis for WAL, part 1
(anb)V(aA(aVbd)=a cnf(wal_absorbtion; , axiom)
(ana)V(bA(aVa))=a cnf(wal_absorbtions, axiom)
(anb)V (bA(aVD)=Db enf(wal_absorbtions, axiom)
((avb)A(cVa))Na=a cnf(wal_absorbtiony, axiom)
((anb)V(cAha))Va=a cnf(wal_absorbtions, axiom)
aNa#a cnf(prove_normal_axioms, , negated_conjecture)

LATO089-1.p Absorption basis for WAL, part 2
(anb)V(aA(aVbd)=a cnf(wal_absorbtion; , axiom)
(ana)V(bA(aVa))=a cnf(wal_absorbtions, axiom)
(anb)V (bA(aVD)=Db cnf(wal_absorbtions, axiom)
((avb)A(cVa))hNa=a cnf(wal_absorbtiony, axiom)
((anb)V(cAha))Va=a cnf(wal_absorbtions, axiom)
bAa#aANb cnf(prove_normal_axioms,, negated_conjecture)

LATO090-1.p Absorption basis for WAL, part 3
(and)V(aA(aVbd)=a cnf(wal_absorbtion; , axiom)
(ana)V(bA(aVa))=a cnf(wal_absorbtions, axiom)
(anb)V (bA(aVD)=Db enf(wal_absorbtions, axiom)
((avb)A(cVa))Na=a cnf(wal_absorbtiony, axiom)
((anb)V(cAha))Va=a cnf(wal_absorbtions, axiom)
aVa#a cnf(prove_normal_axiomss, negated_conjecture)

LATO091-1.p Absorption basis for WAL, part 4

(anb)V(aA(aVbd)=a cnf(wal_absorbtion; , axiom)
(ana)V(bA(aVa))=a cnf(wal_absorbtions, axiom)
(anb)V (bA(aVD)=b cnf(wal_absorbtions, axiom)
((avb)A(cVa)hNa=a cnf(wal_absorbtiony, axiom)
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((anb)V(cAha))Va=a cnf(wal_absorbtions, axiom)
bVa#aVbd cnf(prove_normal_axioms,, negated_conjecture)

LAT092-1.p Axiom for weakly associative lattices (WAL), part 1

(((anb)V(DA(aVD)))ANe)V (((an (DA V(eAD)VD))V((DA((BVA)A(eVD)Ab))V(fADLV(((bVA)A(eV
YA A(aV (A V(eAb)VI))A(((and)V (DA (aVD)))Ve) =D cnf(single_axiom, axiom)
alNa#a cnf(prove_wal_axioms;, negated_conjecture)

LATO093-1.p Axiom for weakly associative lattices (WAL), part 2

(((@nd)V(BA(aVD))Ae)V (((an(((bAD)V(eAb) VD))V ((BA(BVA)A(eVE)AL)V(fADV(((BVA)A(eV
BY)YABDNA(aV (bAA)V(eAb) VD)) A(((and)V (DA (aVD)))Ve)=Db cnf(single_axiom, axiom)
bAa#aNbd cnf(prove_wal_axioms,, negated _conjecture)

LAT094-1.p Axiom for weakly associative lattices (WAL), part 3

(((anD)V (A (aVD))) AV (([(aN((BAD)V(eAb) VD))V ((OA((BVA)A(eVI))AD))V(fADLV((BVA)A(eV
YA A(aV (A V(eAb)VI)))A(((and)V (DA (aVD)))Ve) =D cnf(single_axiom, axiom)
aVa#a cnf(prove_wal_axiomss, negated _conjecture)

LAT095-1.p Axiom for weakly associative lattices (WAL), part 4

(((anD)V(DA(aVD)))Ae)V (((an (DA V(eAD)VD)V((DA((BVA)A(eVD)Ab)V(fFADLV(((bVA)A(eV
YA A(aV ((BA)V (enb) VD)) A(((and)V (bA(aVD)))Ve) =D cnf(single_axiom, axiom)
bVa#aVb cnf(prove_wal_axioms,, negated_conjecture)

LATO096-1.p Axiom for weakly associative lattices (WAL), part 5

(((@and)V(BA(aVD))Ae)V (((an(((bAD)V(enb) VD))V ((BA(BVA)A(eVE)AL)V(fADV(((DVA)A(eV
DYAD)) A (aV((BAA)V (e Ab) VD)) A(((and)V (DA (aVD))Ve)=b  cnf(single_axiom, axiom)
((aVO)A(cVD)AD#D cnf(prove_wal_axiomsg, negated_conjecture)

LAT097-1.p Single axiom for weakly associative lattices (WAL), part 6

(((aAD)V (A (aVD))) AV (((aN((BAD)V(eAb) VD))V ((OAW(BVA)A(eVI))AD))V(fADBV(((BVA)A(eV
YA A(aV (A V(eAd) V) A(((and)V (DA (aVD)))Ve) =D cnf(single_axiom, axiom)
((anNb)V (cAD)VD#D cnf(prove_wal_axiomsg, negated_conjecture)

LATO098-1.p Huntington equation H3 is independent of H2

Show that Huntington equation H2 does not imply Huntington equation H3 in lattice theory.
include(’Axioms/LAT001-0.ax’)

s AyV@Anz)=xzAyVEA(zA(yV2)V(yAz)))) cnf(equation_H,, axiom)
aN(®V(ane)#an OV (cABV(an(cV (aAd)))))) enf(prove_Hg, negated_conjecture)

LATO099-1.p Huntington equation H2 is independent of H3

Show that Huntington equation H3 does not imply Huntington equation H2 in lattice theory.
include(’Axioms/LAT001-0.ax’)

s AyV@Anz)=xzAyV ALYV @A(zV(zAy)))))) cnf(equation_Hg, axiom)
aN(OV(anc)#anOV(cA((an(bBVe)V(bAC)))) cnf(prove_H,, negated_conjecture)

LAT100-1.p Huntington equation H4 is independent of H6

Show that Huntington equation H6 does not imply Huntington equation H4 in lattice theory.
include(’Axioms/LAT001-0.ax’)

cAyV@Az)=zA(zA(yV(Az))V(EzAVy))) cnf(equation_Hg, axiom)
aNOV(an(cvd)#an(DV ((aV(bAD))A(cVd))) cnf(prove_H,, negated_conjecture)

LAT101-1.p Huntington equation H10 is independent of H6

Show that Huntington equation H6 does not imply Huntington equation H10 in lattice theory.
include(’Axioms/LAT001-0.ax’)

e A(yV@Az)=zA((zAyV(xAz2))V(zA(zVy))) cnf(equation_Hg, axiom)
anN(dV(anc)Zan(bV(cA(aV(bAC)))) cnf(prove_H, , negated_conjecture)

LAT102-1.p Huntington equation H4 is independent of H7

Show that Huntington equation H7 does not imply Huntington equation H4 in lattice theory.
include(’Axioms/LAT001-0.ax’)

zAyV(EAz)=zAyVeA((zAy)V(zA(xVy))))) cnf(equation_H, axiom)
aN(BV(an(cVvd)#an(DdV ((aV(bAD))A(cVd))) enf(prove_H,, negated_conjecture)
LAT103-1.p Huntington equation H6 is independent of H10

Show that Huntington equation H10 does not imply Huntington equation H6 in lattice theory.
include(’Axioms/LAT001-0.ax’)

cAyV@Az)=xzA(yV(zA(zV(yAz)))) cnf(equation_H, ), axiom)
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anN(dV(anc)Zan((aNBV(anc))V(eA(aVDb))) cnf(prove_Hg, negated_conjecture)

LAT104-1.p Huntington equation H3 is independent of H21

Show that Huntington equation H21 does not imply Huntington equation H3 in lattice theory.
include(’Axioms/LAT001-0.ax’)

Ay VeAz)=xzA((yA(xV(yA2))V(zA(zVY))) cnf(equation_Hy,, axiom)
aN(OV(ane)#an DV (cABV(aA(cV(aAd)))))) cnf(prove_Hg, negated_conjecture)

LAT105-1.p Huntington equation H10 is independent of H21

Show that Huntington equation H21 does not imply Huntington equation H10 in lattice theory.
include(’Axioms/LAT001-0.ax’)

Ay)VeAz)=xzA((yAN(@V(yA2))V(zA(zVy))) cnf(equation_Ho, , axiom)
anN(OV(anc)#an bV (cA(aV (bAC))) cnf(prove_H, ,, negated_conjecture)

LAT106-1.p Huntington equation H3 is independent of H22

Show that Huntington equation H22 does not imply Huntington equation H3 in lattice theory.
include(’Axioms/LAT001-0.ax’)

Ay)VeAz)=xzA (YN =V (EAY))V(zA(xVy))) cnf(equation_H,,, axiom)
aN(OV(anc)#aN DV (cADBV(aA(cV(aAd)))))) cnf(prove_Hg, negated_conjecture)

LAT107-1.p Huntington equation H17 is independent of H22

Show that Huntington equation H22 does not imply Huntington equation H17 in lattice theory.
include(’Axioms/LAT001-0.ax’)

Ay VeAz)=xzA (YN =V (EAY))V(zA(xVY))) cnf(equation_H,,, axiom)
aN((and)V(ane)#an((DA(aV (bAC)))V(cA(aVD))) cnf(prove_H, ;, negated_conjecture)

LAT108-1.p Huntington equation H42 is independent of H31

Show that Huntington equation H31 does not imply Huntington equation H42 in lattice theory.
include(’Axioms/LAT001-0.ax’)

cAyV(EAzAw))=zAYV(EAUuA(yV(TzAz)))) cnf(equation_Hg, , axiom)
aN(®V(cA(aVvd))#an DV (cABV(V(aNc))))) cnf(prove_H 5, negated_conjecture)

LAT109-1.p Huntington equation H40 is independent of H37

Show that Huntington equation H37 does not imply Huntington equation H40 in lattice theory.
include(’Axioms/LAT001-0.ax’)

xA(yVizV@Aw))=xzAlyV(EzV(uA(zV(yAz)))) cnf(equation_Hy,, axiom)
aN(®V(cA(aVvd))#an DV (cA@V(cA(aVD))))) cnf(prove_H,, negated_conjecture)

LAT110-1.p Huntington equation H42 is independent of H37

Show that Huntington equation H37 does not imply Huntington equation H42 in lattice theory.
include(’Axioms/LAT001-0.ax’)

xA(yVizV@Aw))=zAlyV(zV(uA(zV(yAz))))) cnf(equation_Hs,, axiom)
anN(dV(cAaVvd))#£aN BV (cADBV(AV(anc))))) cnf(prove_H 5, negated_conjecture)

LAT111-1.p Huntington equation H40 is independent of H45

Show that Huntington equation H45 does not imply Huntington equation H40 in lattice theory.
include(’Axioms/LAT001-0.ax’)

cAYAEVEAw)=xzAYAEZV WA (xV(yAz)))) cnf(equation_H,5, axiom)
aN(OV(cA(aVvd))#an DV (cA@V(cA(aVD))))) cnf(prove_H,, negated_conjecture)

LAT112-1.p Huntington equation H42 is independent of H47

Show that Huntington equation H47 does not imply Huntington equation H42 in lattice theory.
include(’Axioms/LAT001-0.ax’)

cAYANEVyAw))=axzAyYAzV(uA(yV(zAz)))) cnf(equation_H,,, axiom)
aN(OV(cA(aVvd))#an DV (cADBV(AV(anc))))) cnf(prove_H,,, negated_conjecture)

LAT113-1.p Huntington equation H40 is independent of H50

Show that Huntington equation H50 does not imply Huntington equation H40 in lattice theory.
include(’Axioms/LAT001-0.ax’)

zAyVEAVY))=xzAlyV iA@YV (zA(yVu)))) cnf(equation_Hg, axiom)
aN(OV(cA(aVvd))#an bV (cA@V(cA(aVD))))) cnf(prove_H,, negated_conjecture)
LAT114-1.p Huntington equation H56 is independent of H55

Show that Huntington equation H55 does not imply Huntington equation H56 in lattice theory.
include(’Axioms/LAT001-0.ax’)

zV(yAN@Vz)=zV(yA(zV(@A(zVy)))) cnf(equation_Hy, axiom)
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(anNb)V(aANBVe)Z£an(DV((aVd)AleV(and)))) cnf(prove_Hgg, negated _conjecture)

LAT115-1.p Huntington equation H59 is independent of H55

Show that Huntington equation H55 does not imply Huntington equation H59 in lattice theory.
include(’Axioms/LAT001-0.ax’)

eVyA(xVvz)=zVyAEzV(@A(zVy)))) cnf(equation_Hy, axiom)
aN((bVe)NbVd)#an(bV((bVA)A(ecV(and)))) cnf(prove_Hgg, negated_conjecture)

LAT116-1.p Huntington equation H60 is independent of H55

Show that Huntington equation H55 does not imply Huntington equation H60 in lattice theory.
include(’Axioms/LAT001-0.ax’)

zV(yAN@Vz)=zV(yA(zV(EA(zVy)))) cnf(equation_Hyy, axiom)
aN((bVe)NbVA)#an DV ((bVe)A(dV (anDd)))) cnf(prove_Hg, negated_conjecture)

LAT117-1.p Huntington equation H69 is independent of H65

Show that Huntington equation H65 does not imply Huntington equation H69 in lattice theory.
include(’Axioms/LAT001-0.ax’)

zAyVEzAw)=zA(yV(@zA(xzAy)V(zAuw))) cnf(equation_Hgg, axiom)
anN(OVe)#(an(cV(anb))V(aA bV (aAc))) cnf(prove_Hgg, negated_conjecture)

LAT118-1.p Huntington equation H69 is independent of H79

Show that Huntington equation H79 does not imply Huntington equation H69 in lattice theory.
include(’Axioms/LAT001-0.ax’)

zAyVEAVY))=cA(zA YV (zAz))V(zAu) cnf(equation_H,g, axiom)
aN(®dVe)£(an(eV(anb))V(aA BV (aAc))) cnf(prove_Hgg, negated_conjecture)

LAT119-1.p Huntington equation H3 is independent of H82

Show that Huntington equation H82 does not imply Huntington equation H3 in lattice theory.
include(’Axioms/LAT001-0.ax’)

cA((YyA(zV2)V(zA(zVY))=(xAy)V(TAz) cnf(equation_Hg,, axiom)
aN(®V(ane)#an DV (cABV(an(cV (aAd)))))) enf(prove_Hj, negated_conjecture)

LAT120-1.p Huntington equation H58 is independent of H10_dual

Show that Huntington equation H10_dual does not imply Huntington equation H58 in lattice theory.
include(’Axioms/LAT001-0.ax’)

xV(yA@Vz)=zV(yA(zV(@A(yVz))) enf(equation_H10_dual, axiom)

anN(®dVe)Zan DV ((aVb)AleV(and)))) cnf(prove_Hgg, negated_conjecture)

LAT121-1.p Huntington equation H55 is independent of H18 dual

Show that Huntington equation H18_dual does not imply Huntington equation H55 in lattice theory.
include(’Axioms/LAT001-0.ax’)

(xVvy)A(zvz)=aV((zVy A((xVz)A@yV(xAz)))) cnf(equation_H18_dual, axiom)
aV(bA(aVe)Z£aV (bA(cV(an(cVD)))) cnf(prove_Hgy, negated_conjecture)

LAT122-1.p Huntington equation H55 is independent of H21_dual

Show that Huntington equation H21_dual does not imply Huntington equation H55 in lattice theory.
include(’Axioms/LAT001-0.ax’)

(V) A(xVvz)=zV((yV(EA(yVz2))A(zV(zAy))) cnf(equation_H21 _dual, axiom)
aV(OA(ave)#aV (DA (cV(an(cVD)))) cnf(prove_Hgy, negated_conjecture)

LAT123-1.p Huntington equation H55 is independent of H22_dual

Show that Huntington equation H22_dual does not imply Huntington equation H55 in lattice theory.
include(’Axioms/LAT001-0.ax’)

(V) A(xVvz)=zV((yV(EA(xVY)) AV (zAY))) cnf(equation_H22_dual, axiom)
aV(OA(ave)#aV (DA (cV(an(cVD)))) cnf(prove_Hgy, negated_conjecture)

LAT124-1.p Huntington equation H69 is independent of H32_dual

Show that Huntington equation H32_dual does not imply Huntington equation H69 in lattice theory.
include(’Axioms/LAT001-0.ax’)

zV(yA@V(zVu))=zV YAV ((zVu)AyVu))) cnf(equation _H32_dual, axiom)
aN(OVe)#(@an(cV(anb))V(aA bV (aAc))) cnf(prove_Hgg, negated_conjecture)
LAT125-1.p Huntington equation H69 is independent of H34 _dual

Show that Huntington equation H34 _dual does not imply Huntington equation H69 in lattice theory.
include(’Axioms/LAT001-0.ax’)

zVyAN@zVw)=zV(yA=V YAV (yAz))))) cnf(equation_H34_dual, axiom)
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an(dVe)£(aN(eV(aAb))V(aA DV (anc))) cnf(prove_Hgg, negated _conjecture)

LAT126-1.p Huntington equation H69 is independent of H39_dual

Show that Huntington equation H39_dual does not imply Huntington equation H69 in lattice theory.
include(’Axioms/LAT001-0.ax’)

zVyA@zV@Auw))=zV YAV (A (zV=2))) cnf(equation_H39_dual, axiom)
aN(OVe)#(@an(cV(anb))V(aA bV (aAc))) cnf(prove_Hgg, negated_conjecture)

LAT127-1.p Huntington equation H6 is independent of H55_dual

Show that Huntington equation H55_dual does not imply Huntington equation H6 in lattice theory.
include(’Axioms/LAT001-0.ax’)

ceAyV(@Az)=zAyV(EA(@V(zAY)))) cnf(equation_H55_dual, axiom)
anNOV(ane)#an((aN(bV(aNc))V(cA(aVDd))) cnf(prove_Hg, negated_conjecture)

LAT128-1.p Huntington equation H3 is independent of H58_dual

Show that Huntington equation H58_dual does not imply Huntington equation H3 in lattice theory.
include(’Axioms/LAT001-0.ax’)

zV(yAz)=xzVyA((zAy)V(zA(zVy)))) cnf(equation _H58_dual, axiom)
aN(OV(anc)#aN DV (cABV(aA(cV(and)))))) cnf(prove_Hg, negated_conjecture)

LAT129-1.p Huntington equation H10 is independent of H58 _dual

Show that Huntington equation H58 _dual does not imply Huntington equation H10 in lattice theory.
include(’Axioms/LAT001-0.ax’)

zV(yAz)=xzVyA(zAy)V(zA(zVYy)))) cnf(equation_H58_dual, axiom)
aN(®V(ane)#an bV (cA(aV (bAc)))) cnf(prove_H,, negated_conjecture)

LAT130-1.p Huntington equation H39 is independent of H68_dual

Show that Huntington equation H68_dual does not imply Huntington equation H39 in lattice theory.
include(’Axioms/LAT001-0.ax’)

xV(yAz)=xzVyA(@V(zA(zVy)))) cnf(equation_H68_dual, axiom)
aN(BV(cA(aVvd))#an(DV(cA(dV(aAc)))) cnf(prove_Hyq, negated_conjecture)

LAT131-1.p Huntington equation H42 is independent of H68_dual

Show that Huntington equation H68_dual does not imply Huntington equation H42 in lattice theory.
include(’Axioms/LAT001-0.ax’)

xV(yAz)=xzVyA(xzV(zA(zVy)))) cnf(equation _H68_dual, axiom)
aN(®V(cA(aVvd))#an DV (cADBV(V(anc))))) cnf(prove_H,,, negated_conjecture)

LAT132-1.p Huntington equation H42 is independent of H69_dual

Show that Huntington equation H69_dual does not imply Huntington equation H42 in lattice theory.
include(’Axioms/LAT001-0.ax’)

xV(yAz)=(@VEzAEVY))AEV(yA(xVz)) cnf(equation_H69_dual, axiom)
aN(dV(cA(aVvd))#£aN BV (cADBV(AV(anc))))) cnf(prove_H 5, negated_conjecture)

LAT133-1.p Huntington equation H6_dual is independent of H55

Show that Huntington equation H55 does not imply Huntington equation H6_dual in lattice theory.
include(’Axioms/LAT001-0.ax’)

zVyA(xVvz)=zVyAEzV(@A(zVy)))) enf(equation_Hyy, axiom)
aV{OA(ave)F#aV((aV(bA(aVe))A(eV(and))) cnf(prove_H6_dual, negated_conjecture)

LAT134-1.p Huntington equation H22_dual is independent of H61

Show that Huntington equation H61 does not imply Huntington equation H22_dual in lattice theory.
include(’Axioms/LAT001-0.ax’)

(V) AxVvz)=zV((xzVy A({(zAy)V2)) cnf(equation_Hyg, , axiom)
(avbd)A(ave)#aV((bV(cA(aVb))A(eV(and))) cnf(prove_H22_dual, negated_conjecture)

LAT135-1.p Huntington equation H39_dual is independent of H68

Show that Huntington equation H68 does not imply Huntington equation H39_dual in lattice theory.
include(’Axioms/LAT001-0.ax’)

zA(yVvz)=xzA@yV(ezA(zV(zAy)))) cnf(equation_Hgg, axiom)
aV{OA(cV(and))F#aV(OA(cV(dA(aVc)))) cnf(prove_H39_dual, negated_conjecture)
LAT136-1.p Huntington equation H39_dual is independent of H69

Show that Huntington equation H69 does not imply Huntington equation H39_dual in lattice theory.
include(’Axioms/LAT001-0.ax’)

eA(yVvz)=@A=V(@AY))V(EAyV(xAz) cnf(equation_Hgg, axiom)
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aV (bA(cV(and)#aV(bA(cV(dA(aV)))) cnf(prove_H39_dual, negated_conjecture)

LAT137-1.p Huntington equation H40_dual is independent of H69

Show that Huntington equation H69 does not imply Huntington equation H40_dual in lattice theory.
include(’Axioms/LAT001-0.ax’)

zA(yVz)=@A=ZV(@Ay))V(EAyV(xAz) cnf(equation_Hgg, axiom)
aV(OA(cV(and))#aV (bOA(cV(dA(cV(and))))) cnf(prove_H40_dual, negated_conjecture)

LAT138-1.p Huntington equation H7 implies H6

include(’Axioms/LAT001-0.ax’)

e AyV@Anz)=zA(yV(@A({(zAy)V(zAVY)))) cnf(equation_H,, axiom)
anN(®V(ane)#an((anN(dV(aAc)))V(cA(aVD))) cnf(prove_Hg, negated_conjecture)

LAT139-1.p Huntington equation H11 implies H10

include(’Axioms/LAT001-0.ax’)

zAyV(EAz)=zAyVEA(V YAV (zAY))))) cnf(equation_Hy4, axiom)
aN®V(ane)#an(dV(cA(aV (bAc)))) cnf(prove_H, , negated_conjecture)

LAT140-1.p Huntington equation H21 implies H2

include(’Axioms/LAT001-0.ax”)

(Ay)V(eAz)=2A((yAN(@V(yA2))V(zA(zVY))) cnf(equation_Hy , axiom)
aN(OV(ane)#an(OV(cA((an(BVe)V(bAC)))) cnf(prove_H,, negated_conjecture)

LAT141-1.p Huntington equation H21 implies H6

include(’Axioms/LAT001-0.ax”)

(Ay)V(eAz)=axzA((yAN(@V(yA2))V(zA(zVy))) cnf(equation_Hy, , axiom)
anN(®dV(anc)Zan((aNBV(anc))V(eA(aVb))) cnf(prove_Hg, negated_conjecture)

LAT142-1.p Huntington equation H22 implies H6

include(’Axioms/LAT001-0.ax’)

Ay VeAz)=xzA((yA(zV (2AY))V(zA(zVY))) cnf(equation_Hy,, axiom)
aNOV(ane)#an((anNdV(aAc)))V(cA(aVD))) cnf(prove_Hg, negated_conjecture)

LAT143-1.p Huntington equation H24 implies H15

include(’Axioms/LAT001-0.ax’)

@AY Vynz)=(@Ay)VyA{(zAy)V(zA(xVY)))) cnf(equation_H,,, axiom)
aN((anb)V(anc)#an((anb)V ((anc)V (e (aVD)))) cnf(prove_H, 5, negated_conjecture)

LAT144-1.p Huntington equation H32 implies H2

include(’Axioms/LAT001-0.ax’)

e AyV@A(zAw))=xzAyVEzA(zAw)V(yAu))) cnf(equation_Hg,, axiom)
anN(OV(anc)#aN(OV(cA((an(BVe)V(bAC)))) cnf(prove_H,, negated_conjecture)

LAT145-1.p Huntington equation H32 implies H6

include(’Axioms/LAT001-0.ax’)

e AyV@A(zAw))=xAyVEZA(zAw)V(yAu)))) cnf(equation_Hg,, axiom)
anN®V(ane)#an((anN(dV(aAc)))V(cA(aVDd))) cnf(prove_Hg, negated_conjecture)

LAT146-1.p Huntington equation H34 implies H28

include(’Axioms/LAT001-0.ax’)

2AyVizAw))=zA(yV ALV (uA(yVz2))))) cnf(equation_Hs,, axiom)
aNV(an(cAd)#aNDV(cAdA(aV (bA))))) enf(prove_Hog, negated _conjecture)

LAT147-1.p Huntington equation H34 implies H45

include(’Axioms/LAT001-0.ax”)

cA(yVzAw))=zA(yV ALYV (uA(yVz2))))) cnf(equation_Hg,, axiom)
aN(bOA(cV(and))#£aNbBA(cV(dA(aV(bAC))))) cnf(prove_H,5, negated_conjecture)

LAT148-1.p Huntington equation H34 implies H7

include(’Axioms/LAT001-0.ax’)

cAyVEzAu))=xzAYV ALYV uAlyV:2)))) cnf(equation_Hg,, axiom)
aNOV(ane)#an bV (aA((aAdb)V(cA(aVh))))) cnf(prove_H-, negated_conjecture)

LAT149-1.p Huntington equation H37 implies H43

include(’Axioms/LAT001-0.ax’)

zA(yVEVeAw))=xzAlyV(zVuA(zV(yAz))))) cnf(equation_Hg,, axiom)
aNOV(cAbVA))#an DV (cA@V(an(DVd)))) cnf(prove_H, 5, negated_conjecture)
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LAT150-1.p Huntington equation H39 implies H40
include(’Axioms/LAT001-0.ax’)

e AyVEAVY))=xzAlyV AV (zAz))))
aN(®V(cA(aVvd))#an DV (cA(dV(cA(aVD)))))

LAT151-1.p Huntington equation H39 implies H42
include(’Axioms/LAT001-0.ax’)
2A(yVizA@Vu))=zAlyV AV (zAz))))
aN(®V(cA(aVvd))#an DV (cADBV(V(aNc)))))

LAT152-1.p Huntington equation H40 implies H6
include(’Axioms/LAT001-0.ax”)
cA(YV(@EAVY))=aAyV(EA@VY(zA(EVY)))
anN(®dV(anc)Zan((aNBV(ane))V(eA(aVDb)))

LAT153-1.p Huntington equation H40 implies H7
include(’Axioms/LAT001-0.ax’)
cAyV(EA@Vu))=aAyV (ALY (zA@VY)))
an(dV(anc)Zan(bV(aA({(aANb)V(cA(aVD)))))

LAT154-1.p Huntington equation H42 implies H6
include(’Axioms/LAT001-0.ax’)

eA(yV(EA(EVY)) =AYV (EAYY (Y (zAz2))
anNOV(ane)#an((aNdV(aAc))V(cA(aVDd)))

LAT155-1.p Huntington equation H49 implies H2
include(’Axioms/LAT001-0.ax’)

AV @EAVY))=zAyV((@Az)V(zA (YY)
anN(OV(anc)#an OV (cA((an(BVe)V(bAC))))

LAT156-1.p Huntington equation H49 implies HG6
include(’Axioms/LAT001-0.ax’)

TAGV (A @VL) =2 A YV (@A) V(A YY)
anN(®V(ane)#an((anN(dV(aAc)))V(cA(aVDd)))

LAT157-1.p Huntington equation H50 implies H2
include(’Axioms/LAT001-0.ax’)

TAGVEA@VW) =T AGY (A EY(EA YY)
aN(®V(ane)#an(OV(cA((an(BVe)V(bAc))))

LAT158-1.p Huntington equation H50 implies H49
include(’Axioms/LAT001-0.ax”)
cAV@EAVY))=aAyV(EA@V(zA(YVa))))
aN(OV(cA(aVvd))#an bV ((anec)V(cA(bVA))))

LAT159-1.p Huntington equation H50 implies H7
include(’Axioms/LAT001-0.ax’)

TAV (A V) =2 A YV (A Y (A GV )
anN(dV(anc)Zan(dV(aA((aANb)V(cA(aVD)))))

LAT160-1.p Huntington equation H52 implies H51
include(’Axioms/LAT001-0.ax’)

eA(yV(EA (V) =2AYyV((zAu)V(zA(@VY))))
aN(OV(cA(aVvd))#an(DV ((anc)V(cAd)))

LAT161-1.p Huntington equation H58 implies H59
include(’Axioms/LAT001-0.ax’)

zA(yVz)=zAyV((zVy AE=V(@Ay))))
aN((bVe)ANDBVA)#Aan DV ((bVA)A(cV (aAD))))

LAT162-1.p Huntington equation H68 implies H73
include(’Axioms/LAT001-0.ax’)

sA(yVz)=zAyV(@A(zV(zAy)))
aN(bA(cvd)Zan(bA(cV(an(dV(bAC))))

LAT163-1.p Huntington equation H76 implies H32
include(’Axioms/LAT001-0.ax’)

cnf(equation_Hgq, axiom)

cnf(prove_H,, negated_conjecture)

cnf(equation_Hgq, axiom)

cnf(prove_H 5, negated_conjecture)

cnf(equation_H,q, axiom)
cnf(prove_Hg, negated_conjecture)

cnf(equation_H,, axiom)
cnf(prove_H-, negated_conjecture)

cnf(equation_Hy,, axiom)
cnf(prove_Hg, negated_conjecture)

cnf(equation_H,g, axiom)
cnf(prove_H,, negated_conjecture)

cnf(equation_H 44, axiom)
cnf(prove_Hg, negated_conjecture)

cnf(equation_Hy ), axiom)
enf(prove_H,, negated_conjecture)

cnf(equation_Hy,, axiom)
cnf(prove_H,q, negated_conjecture)

cnf(equation_Hy,, axiom)
cnf(prove_H-, negated_conjecture)

cnf(equation_Hg,, axiom)

cnf(prove_Hg , negated_conjecture)

cnf(equation_Hgg, axiom)

cnf(prove_Hgq, negated_conjecture)

cnf(equation_Hgg, axiom)
cnf(prove_H-4, negated_conjecture)
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cAyVEAyVw))=xzAyV AV (xAy)))) cnf(equation_H,4, axiom)
aNOV(aN(cAd)#aNDV (cA(aNnd)V(bAd)))) cnf(prove_Hg,, negated_conjecture)

LAT164-1.p Huntington equation H76 implies H6

include(’Axioms/LAT001-0.ax’)

zAyVEAyVw))=xzAyV =AWV (zAy)))) cnf(equation_H,4, axiom)
anN(OV(anc)#an((aNbV(aNc)))V(cA(aVDd))) cnf(prove_Hg, negated_conjecture)

LAT165-1.p Huntington equation H76 implies H77

include(’Axioms/LAT001-0.ax’)

eAyVEAyVw)=xzAyV =AWV (rAy)))) cnf(equation_H,4, axiom)
aNOV(ecAbVA))#£an DV (cAdV(an(bAC))))) cnf(prove_H,;, negated_conjecture)

LAT166-1.p Huntington equation H77 implies H78

include(’Axioms/LAT001-0.ax’)

AV EAyVu))=xzAyV AV (@AyAz)))) cnf(equation_H, axiom)
aNBV(eAbVA))#an DV (cA@V (DA (aVd)))) enf(prove_H,g, negated_conjecture)

LAT167-1.p Huntington equation H78 implies H77

include(’Axioms/LAT001-0.ax”)

e AyViEAyVw)=zAyV AV (yA(@Vu)))) cnf(equation_H,g, axiom)
aNOV(cAbVA))#an DV (cAdV(an(bAC))))) cnf(prove_H-, negated_conjecture)

LAT168-1.p Huntington equation H18_dual implies H58

include(’Axioms/LAT001-0.ax”)

(xVvy)A(evz)=aV((zVy A((xVz)A@yV(xAz))) cnf(equation_H18_dual, axiom)
an(dVe)£aNn BV ((aVb)A(eV(aAb)))) cnf(prove_Hgg, negated_conjecture)

LAT169-1.p Huntington equation H21_dual implies H58

include(’Axioms/LAT001-0.ax’)

(V) A(xVvz)=zV((yV(EA(yVz2))A(zV(zAy))) cnf(equation_H21 _dual, axiom)
aN(OVe)#an DV ((aVb)AleV(and)))) cnf(prove_Hgg, negated_conjecture)

LAT170-1.p Huntington equation H49_dual implies H58

include(’Axioms/LAT001-0.ax’)

zVyAzV@Aw))=zVyA(zVz)A(zV(yAu)))) cnf(equation_H49_dual, axiom)
anN(OVe)#an(DV ((aVb)AlecV(and)))) cnf(prove_Hgg, negated_conjecture)

LAT171-1.p Huntington equation H61_dual implies H6

include(’Axioms/LAT001-0.ax’)

@Ay)VeAz)=xzA(zAy)V((xVy)A=z)) cnf(equation_H61_dual, axiom)
anN(dV(anc)F#an((aNbV(aAc))V(cA(aVDb))) cnf(prove_Hg, negated_conjecture)

LAT172-1.p Huntington equation H76_dual implies H32

include(’Axioms/LAT001-0.ax’)

zVyANEVyAw)=azV YAV wA(zVy)))) cnf(equation_H76_dual, axiom)
aNBV(an(cAd)#anDV(cA((aAnd)V (bAd)))) enf(prove_H,, negated_conjecture)

LAT173-1.p Huntington equation H76_dual implies H40

include(’Axioms/LAT001-0.ax’)

aV(yAGzVyAuw)=zVyA(zV(uA(zVy)))) enf(equation_H76_dual, axiom)
aN(OV(cA(aVvd))#an DV (cAdV(cA(aVD))))) cnf(prove_H,, negated_conjecture)

LAT174-1.p Huntington equation H76_dual implies H6

include(’Axioms/LAT001-0.ax”)

aV(yAEzVyAuw)=zV YAV (uA(zVy)))) enf(equation_H76_dual, axiom)
anN(dV(anc)Zan((aNBV(anc))V(eA(aVDb))) cnf(prove_Hg, negated_conjecture)

LAT175-1.p Huntington equation H79_dual implies H32

include(’Axioms/LAT001-0.ax’)

xVyA@zV@Auw))=zV((zVyA(xVz2))A(zVu) cnf(equation H79_dual, axiom)
aNOV(aNn(cAd)#aNDV (cA((aNnd)V(bAd)))) cnf(prove_Hg,, negated_conjecture)

LAT176-1.p Huntington equation H79_dual implies H42

include(’Axioms/LAT001-0.ax’)

zVyAzV@Aw))=zV((zVyA(zVEz))AEVu) cnf(equation H79_dual, axiom)
aNOV(cA(aVvd))#an DV (cABV(V(anc))))) cnf(prove_H,,, negated_conjecture)
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LAT177-1.p Huntington equation H79_dual implies H6

include(’Axioms/LAT001-0.ax’)

xVyANEV@Aw))=zV((zVyA(@VEz))A(zVu) cnf(equation_H79_dual, axiom)
anN(®V(ane)#an((anN(dV(aAc)))V(cA(aVDd))) enf(prove_Hg, negated_conjecture)

LAT178-1.p Equation H1 is Huntington by distributivity

Show that H1 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax”)

include(’Axioms/LAT001-4.ax’)

zA(yVEA@VY))=xzAlyV(zA(zV(zAuw))) cnf(equation_H; , axiom)
an(bVe)£(aNnb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT179-1.p Equation H2 is Huntington by distributivity

Show that H2 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

e AyV@eAnz)=xzAyVEA(zA(yVz)V(yAz)))) cnf(equation_H,, axiom)
an(bVe)#(aNb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT180-1.p Equation H3 is Huntington by distributivity

Show that H3 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)
xAyV@Anz)=zAyVEzAYV@A(zV(zAy))))) cnf(equation_Hg, axiom)
an(bVe)£(aNb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT181-1.p Equation H4 is Huntington by distributivity

Show that H4 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)
zAyV@A(zVu))=zAlyV({(zVyAu)A(zVu)) cnf(equation_H,, axiom)
aN(bVe)#(anb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT182-1.p Equation H6 is Huntington by distributivity

Show that H6 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax”)
xA(yV@Anz)=zA((zAyV(xAz2))V(zA(zVy))) cnf(equation_Hg, axiom)
aN(dVe)#(anb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT183-1.p Equation H7 is Huntington by distributivity

Show that H7 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)
zAyV@Az)=zAyV@A({(zAy)V(zA(xVyY)))) cnf(equation_H,, axiom)
aN(bVe)#(anb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT184-1.p Equation H8 is Huntington by distributivity

Show that H8 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)
xA(yV@Anz)=(@Ay)V(EAlyV(zA(xV(yAz))))) cnf(equation_Hg, axiom)
aN(dVe)#(andb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT185-1.p Equation H10 is Huntington by distributivity

Show that H10 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

eAyV(@Az)=zAyV(EA(@V(yAz))) cnf(equation_H, ), axiom)
aN(dVe)#(anb)V(aAc) cnf(prove_distributivity, negated_conjecture)
LAT186-1.p Equation H11 is Huntington by distributivity

Show that H11 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)
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eAyV@Az)=xzAyVEA@V YAV (zAY))))) cnf(equation_Hy,, axiom)
an(bVe)#(anb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT187-1.p Equation H15 is Huntington by distributivity

Show that H15 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

e A(zAy)V(EAz)=zA(zAy)V((zA2Z)V(zA(xVY)))) cnf(equation_H, 5, axiom)
aN(dVe)#(anb)V(aAc) cnf(prove_distributivity, negated _conjecture)

LAT188-1.p Equation H16 is Huntington by distributivity

Show that H16 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

sA((zAyY)V(@Az)=zA(zAyY) VALYV (zA(xVY))))) cnf(equation_H, 4, axiom)
aN(DbVe)#(anb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT189-1.p Equation H17 is Huntington by distributivity

Show that H17 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

s A((zAy)V(EAz)=xzA((yAN(@V (YA2))V(zA(zVy))) cnf(equation_H;,, axiom)
aN(dVe)#(and)V(aAc) cnf(prove_distributivity, negated _conjecture)

LAT190-1.p Equation H18 is Huntington by distributivity

Show that H18 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax”)

include(’Axioms/LAT001-4.ax’)

(Ay)V(eAz)=axzA((zAy)V((xA2)V(yA(xV2))) cnf(equation_H, g, axiom)
an(bVe)£(aNb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT191-1.p Equation H21 is Huntington by distributivity

Show that H21 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

Ay VeAz)=xzA (YN @V (yA2))V(zA(xVy))) cnf(equation_H,, , axiom)
aN(bVe)#(anb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT192-1.p Equation H22 is Huntington by distributivity

Show that H22 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

(Ay)V(eAz)=xzA((yAN =V (@EAY))V(zA(zVY))) cnf(equation_Hyy, axiom)
an(bVe)£(aNb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT193-1.p Equation H24 is Huntington by distributivity

Show that H24 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

@AY Vynz)=(@Ay)VyA{(zAy)V(zA(xVY)))) cnf(equation_H,,, axiom)
aN(bVe)#(anb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT194-1.p Equation H32 is Huntington by distributivity

Show that H32 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax”)

xA(yV@A(zAuw))=xzAyV(EzA(zAu)V(yAuw))) enf(equation_Hs,, axiom)
aN(dVe)#(anb)V(aAc) cnf(prove_distributivity, negated _conjecture)

LAT195-1.p Equation H34 is Huntington by distributivity

Show that H34 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

zA YV iAW) =zA(yV ALYV (uA(yV=2))))) cnf(equation_Hgy,, axiom)
aN(bVe)#(anb)V(aAc) cnf(prove_distributivity, negated_conjecture)
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LAT196-1.p Equation H39 is Huntington by distributivity

Show that H39 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax”)

eA(yVizA@VY))=xzAlyV(zA(uY(zAz)))) cnf(equation_Hyg, axiom)
an(bVe)£(aNb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT197-1.p Equation H40 is Huntington by distributivity

Show that H40 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

zAyViEzAVY))=xzAlyV AV (ZA(VY)))) cnf(equation_H,, axiom)
aN(bVe)#(anb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT198-1.p Equation H42 is Huntington by distributivity

Show that H42 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax”)

xA(yVizA@VY)=xzAlyV(EAyV(uV(zAz))))) cnf(equation_H,,, axiom)
aN(dVe)#(anb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT199-1.p Equation H49 is Huntington by distributivity

Show that H49 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

zAyViEAVY))=xzAlyV({(zAz)V(zA(yVu)))) cnf(equation_H,g, axiom)
aN(bVe)#(anb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT200-1.p Equation H50 is Huntington by distributivity

Show that H50 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

xA(yVizA@Vu))=zAlyV iA@YV (zA(yVu)))) cnf(equation_Hy, axiom)
aN(dVe)#(anb)V(aAc) cnf(prove_distributivity, negated _conjecture)

LAT201-1.p Equation H51 is Huntington by distributivity

Show that H51 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

zeAyViEAVu))=zAyV((xAz)V(zAu)) cnf(equation_Hy, , axiom)
aN(dVe)#(anb)V(aAc) cnf(prove_distributivity, negated _conjecture)

LAT202-1.p Equation H55 is Huntington by distributivity

Show that H55 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

zVyN(zVz)=zVyAEV(@A(zVy)))) cnf(equation_Hyy, axiom)
aN(dVe)#(anb)V(aAc) cnf(prove_distributivity, negated _conjecture)

LAT203-1.p Equation H57 is Huntington by distributivity

Show that H57 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax”)

include(’Axioms/LAT001-4.ax’)

cAyVEA@yVvz))=xAyV((zVy AV (zAy)))) cnf(equation_Hy,, axiom)
aN(dVe)#(anb)V(aAc) cnf(prove_distributivity, negated _conjecture)

LAT204-1.p Equation H58 is Huntington by distributivity

Show that H58 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

sAyVvz)=xzAyV({(@Vy AV(zAy)))) cnf(equation_Hyg, axiom)
aN(dVe)#(anb)V(aAc) cnf(prove_distributivity, negated _conjecture)

LAT205-1.p Equation H59 is Huntington by distributivity
Show that H59 is Huntington by deriving distributivity in uniquely complemented lattices.



include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

e A((yvz)Ayvu)=xzAyV (yVvVu) A(zV(zAy)))) cnf(equation_Hyg, axiom)
aN(dVe)#(anb)V(aAc) cnf(prove_distributivity, negated _conjecture)

LAT206-1.p Equation H60 is Huntington by distributivity

Show that H60 is Huntington by deriving distributivity in uniquely complemented lattices.

include(’Axioms/LAT001-0.ax”)

include(’Axioms/LAT001-4.ax’)

e A((yvz)AyVvu)=xzAyV (yVz)A@wV(zAy))) cnf(equation_Hg, axiom)
an(bVe)£(aNb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT207-1.p Equation H61 is Huntington by distributivity

Show that H61 is Huntington by deriving distributivity in uniquely complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

vy A@vz)=azV((zVy A({(zAy)V2)) cnf(equation_Hyg, , axiom)
aN(bVe)#(aNb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT208-1.p Equation H63 is Huntington by distributivity

Show that H63 is Huntington by deriving distributivity in uniquely complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

e A ((yVa)AyVu)=zAyV((yVz)A(uV(yAz)))) enf(equation_Hgsg, axiom)
an(bVe)£(aNb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT209-1.p Equation H64 is Huntington by distributivity

Show that H64 is Huntington by deriving distributivity in uniquely complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)
zA(yVvz)=xzAyV@eA(zV(@A(yV(zAz)))) cnf(equation_Hg,, axiom)
aN(bVe)#(anb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT210-1.p Equation H68 is Huntington by distributivity

Show that H68 is Huntington by deriving distributivity in uniquely complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax”)

xA(yVvz)=xzA@yV(ezA(zV(zAy)))) enf(equation_Hgg, axiom)
aN(dVe)#(anb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT211-1.p Equation H69 is Huntington by distributivity

Show that H69 is Huntington by deriving distributivity in uniquely complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

zA(yVz)=@A V(@A) V(EAyV(xAz) cnf(equation_Hgg, axiom)
aN(bVe)#(anb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT212-1.p Equation H70 is Huntington by distributivity

Show that H70 is Huntington by deriving distributivity in uniquely complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

eAyViEAyVu)=2zAyV AWV (yA(EV=2)) enf(equation_H,, axiom)
aN(dVe)#(andb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT213-1.p Equation H76 is Huntington by distributivity

Show that H76 is Huntington by deriving distributivity in uniquely complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

cAyVEEAyVu))=xzAyV AV (xAy)))) cnf(equation_H,4, axiom)
an(bVe)#(anb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT214-1.p Equation H79 is Huntington by distributivity

Show that H79 is Huntington by deriving distributivity in uniquely complemented lattices.

include(’Axioms/LAT001-0.ax’)
include(’Axioms/LAT001-4.ax’)
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ceAyViAVu))=zA(zAYV(xAz))V(zAw) cnf(equation_H,q, axiom)
an(bVe)#(aNb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT215-1.p Equation H80 is Huntington by distributivity

Show that H80 is Huntington by deriving distributivity in uniquely complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

e A((zAy)V(EA(VyA(xV2))=(@Ay)V(xAz) cnf(equation_Hgg, axiom)
aN(bVe)#(anb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT216-1.p Equation H81 is Huntington by distributivity

Show that H81 is Huntington by deriving distributivity in uniquely complemented lattices.

include(’Axioms/LAT001-0.ax’)
include(’Axioms/LAT001-4.ax’)

e A((zAy)V(AVyA(zV2)=xzA((zAy)V(xAZ2)) cnf(equation_Hg, , axiom)

aN(bVe)#(anb)V(aAc) cnf(prove_distributivity, negated_conjecture)

LAT217-1.p Equation H82 is Huntington by distributivity

Show that H82 is Huntington by deriving distributivity in uniquely complemented lattices.
include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

e A (YN (V2)V(zA(zVYy)))=(@Ay)V(zAz) cnf(equation_Hg,, axiom)
anN(dVe)#(andb)V(aAc) cnf(prove_distributivity, negated _conjecture)

LAT218-1.p Equation H1 is Huntington by implication

Show that H1 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax”)

xA(yVizA@Vu))=xzAlyV(zA(xV(zAuw))) enf(equation_H; , axiom)

bAha=a cnf(prove_distributivity_hypothesis, hypothesis)

bVa #d cnf(prove_distributivity, negated_conjecture)

LAT219-1.p Equation H2 is Huntington by implication

Show that H2 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

cAyV@Anz)=xzAyVEzA(zA(yVz)V(yAz)))) cnf(equation_H,, axiom)
bAa=a cnf(prove_distributivity_hypothesis, hypothesis)

b'Va #a cnf(prove_distributivity, negated_conjecture)

LAT220-1.p Equation H3 is Huntington by implication

Show that H3 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

xAyV@Anz)=zAyVEzAYV(@A(zV(zAy))))) cnf(equation_Hy, axiom)
bAha=a cnf(prove_distributivity_hypothesis, hypothesis)

bVa #a cnf(prove_distributivity, negated_conjecture)

LAT221-1.p Equation H4 is Huntington by implication

Show that H4 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

zAyV@A(zVu))=xzAyV({(xzVyAu)A(zVu)) cnf(equation_H,, axiom)
bAa=a cnf(prove_distributivity_hypothesis, hypothesis)

b'Va #ad cnf(prove_distributivity, negated_conjecture)

LAT222-1.p Equation H6 is Huntington by implication

Show that H6 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)
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include(’Axioms/LAT001-4.ax’)
zAyV@Az)=zA((xAyV(xA2))V(zA(xVy))) cnf(equation_Hg, axiom)
bAa=a cnf(prove_distributivity_hypothesis, hypothesis)

bVa #a cnf(prove_distributivity, negated_conjecture)

LAT223-1.p Equation H7 is Huntington by implication

Show that H7 is Huntington by deriving the Huntington implication X A Y =Y — X’ VY’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax”)

xAyV@Anz)=zAyV(@A((xzAy)V(zA(@VyY)))) enf(equation_H,, axiom)

bAha=a cnf(prove_distributivity_hypothesis, hypothesis)

bVa #d cnf(prove_distributivity, negated_conjecture)

LAT224-1.p Equation H8 is Huntington by implication

Show that H8 is Huntington by deriving the Huntington implication X A Y =Y — X’ vV Y’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

zAyV@Anz)=(@Ay)V(EAyV(A(xV(yAz))))) cnf(equation_Hg, axiom)

bAa=a cnf(prove_distributivity_hypothesis, hypothesis)

b'Va #a cnf(prove_distributivity, negated_conjecture)

LAT225-1.p Equation H10 is Huntington by implication

Show that H10 is Huntington by deriving the Huntington implication X A Y =Y —- X’ VY’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax”)

eA(yV@Anz)=zA(yV(zA(@V(yAz))) enf(equation_H, ), axiom)

bAha=a cnf(prove_distributivity_hypothesis, hypothesis)

bVa #d cnf(prove_distributivity, negated_conjecture)

LAT226-1.p Equation H11 is Huntington by implication

Show that H11 is Huntington by deriving the Huntington implication X A Y =Y — X’V Y’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

zAyV@Anz)=xzAyVEzA@VyA(zV(zAy))))) cnf(equation_H,, axiom)

bAa=a cnf(prove_distributivity_hypothesis, hypothesis)

b'Va #a cnf(prove_distributivity, negated_conjecture)

LAT227-1.p Equation H15 is Huntington by implication

Show that H15 is Huntington by deriving the Huntington implication X A Y =Y — X’ VY’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

e A((zAy)V(EAz)=zA((zAy)V ((zAz)V(zA(xVY)))) cnf(equation_H, 5, axiom)
bAha=a cnf(prove_distributivity_hypothesis, hypothesis)

bVa #a cnf(prove_distributivity, negated_conjecture)

LAT228-1.p Equation H16 is Huntington by implication

Show that H16 is Huntington by deriving the Huntington implication X A Y =Y — X’V Y’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

e A((zAy) V(@A) =xzA(zAy) VALYV (EA(ZVY)))) cnf(equation_H, 4, axiom)
bAa=a cnf(prove_distributivity_hypothesis, hypothesis)

b'Va #ad cnf(prove_distributivity, negated_conjecture)

LAT229-1.p Equation H17 is Huntington by implication

Show that H17 is Huntington by deriving the Huntington implication X A Y =Y — X’ VY’
complemented lattices.

include(’Axioms/LAT001-0.ax’)
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include(’Axioms/LAT001-4.ax’)

e A((zAy)V(EAz)=xzA((yAN @V (YA2))V(zA(zVyY))) cnf(equation_H;,, axiom)

bAa=a cnf(prove_distributivity_hypothesis, hypothesis)
bVa #a cnf(prove_distributivity, negated_conjecture)

LAT230-1.p Equation H18 is Huntington by implication

Show that H18 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax”)

(Ay)V(eAz)=axzA((zAy)V((xA2)V(yA(xV2))) cnf(equation_H, g, axiom)
bAha=a cnf(prove_distributivity_hypothesis, hypothesis)

bVa #d cnf(prove_distributivity, negated_conjecture)

LAT231-1.p Equation H21 is Huntington by implication

Show that H21 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

Ay VeAz)=xzA (YN (@V(yA2))V(zA(zVy))) cnf(equation_H,, , axiom)
bAa=a cnf(prove_distributivity_hypothesis, hypothesis)

b'Va #a cnf(prove_distributivity, negated_conjecture)

LAT232-1.p Equation H22 is Huntington by implication

Show that H22 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax”)

(Ay)V(eAz)=xzA((yAN(zV(@EAY))V(zA(2VY))) cnf(equation_Hyy, axiom)
bAha=a cnf(prove_distributivity_hypothesis, hypothesis)

bVa #d cnf(prove_distributivity, negated_conjecture)

LAT233-1.p Equation H24 is Huntington by implication

Show that H24 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

@AY Vynz)=(@Ay)VyA{(zAy)V(zA(xVY)))) cnf(equation_H,,, axiom)
bAa=a cnf(prove_distributivity_hypothesis, hypothesis)

b'Va #a cnf(prove_distributivity, negated_conjecture)

LAT234-1.p Equation H32 is Huntington by implication

Show that H32 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

e A(yV@A(zAw))=xzAyV(EzA(zAu)V(yAu))) enf(equation_Hs,, axiom)
bAha=a cnf(prove_distributivity_hypothesis, hypothesis)

bVa #a cnf(prove_distributivity, negated_conjecture)

LAT235-1.p Equation H34 is Huntington by implication

Show that H34 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

s AyVEAw)=zA(yV ALYV (uA(yV=2))))) cnf(equation_Hg,, axiom)

bAa=a cnf(prove_distributivity_hypothesis, hypothesis)

b'Va #ad cnf(prove_distributivity, negated_conjecture)

LAT236-1.p Equation H39 is Huntington by implication

Show that H39 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

V'Y’

:Y’

in

in

in

in

in

in

in
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include(’Axioms/LAT001-4.ax’)

zAyVEzAVY))=xzAlyV AV (zAz))) cnf(equation_Hgg, axiom)
bAa=a cnf(prove_distributivity_hypothesis, hypothesis)

bVa #a cnf(prove_distributivity, negated_conjecture)

LAT237-1.p Equation H40 is Huntington by implication

Show that H40 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax”)

xA(yVizA@VY)=zAlyVEzAY(zA(xzVY)))) cnf(equation_H,, axiom)
bAa=a cnf(prove_distributivity_hypothesis, hypothesis)

bVa #d cnf(prove_distributivity, negated_conjecture)

LAT238-1.p Equation H42 is Huntington by implication

Show that H42 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

zAyVEAVY))=xzAyV(EAYV(uV(zAz))))) cnf(equation_Hy,, axiom)
bAa=a cnf(prove_distributivity_hypothesis, hypothesis)

b'Va #a cnf(prove_distributivity, negated_conjecture)

LAT239-1.p Equation H49 is Huntington by implication

Show that H49 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax”)

xA(yVizA@Vu))=zAlyV({(@zAz)V(zA(yVu))) cnf(equation_H,q, axiom)
bAha=a cnf(prove_distributivity_hypothesis, hypothesis)

bVa #d cnf(prove_distributivity, negated_conjecture)

LAT240-1.p Equation H50 is Huntington by implication

Show that H50 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

zAyVEAVY))=xzAlyV AV (zA(yVu)))) cnf(equation_Hg, axiom)
bAa=a cnf(prove_distributivity_hypothesis, hypothesis)

b'Va #a cnf(prove_distributivity, negated_conjecture)

LAT241-1.p Equation H51 is Huntington by implication

Show that H51 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

xA(yVizA@Vu))=zAlyV((zAz)V(zAu))) cnf(equation_Hy, , axiom)

bAha=a cnf(prove_distributivity_hypothesis, hypothesis)

bVa #a cnf(prove_distributivity, negated_conjecture)

LAT242-1.p Equation H55 is Huntington by implication

Show that H55 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

zV(yAN@Vz)=zV(yA(zV(@A(zVy)))) cnf(equation_Hy, axiom)

bAa=a cnf(prove_distributivity_hypothesis, hypothesis)

b'Va #ad cnf(prove_distributivity, negated_conjecture)

LAT243-1.p Equation H57 is Huntington by implication

Show that H57 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

V'Y’

:Y’
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include(’Axioms/LAT001-4.ax’)

zAyV@eAyvz)=xzAyV(zVy A(zV(zAy)))) cnf(equation_Hy,, axiom)
bAa=a cnf(prove_distributivity_hypothesis, hypothesis)

bVa #a cnf(prove_distributivity, negated_conjecture)

LAT244-1.p Equation H58 is Huntington by implication

Show that H58 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax”)

xA(yVvz)=xzA@yV({(@Vy AV (zAy)))) enf(equation_Hyg, axiom)

bAa=a cnf(prove_distributivity_hypothesis, hypothesis)

bVa #d cnf(prove_distributivity, negated_conjecture)

LAT245-1.p Equation H59 is Huntington by implication

Show that H59 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

zA((yvz)AyVvu)=xzAyV (yVu) A(zV(zAy)))) cnf(equation_Hyg, axiom)
bAa=a cnf(prove_distributivity_hypothesis, hypothesis)

b'Va #a cnf(prove_distributivity, negated_conjecture)

LAT246-1.p Equation H60 is Huntington by implication

Show that H60 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax”)

e A((yVva)AlyVvu)=xzAyV (yVz)A@wV(zAy)))) cnf(equation_Hg, axiom)
bAha=a cnf(prove_distributivity_hypothesis, hypothesis)

bVa #d cnf(prove_distributivity, negated_conjecture)

LAT247-1.p Equation H61 is Huntington by implication

Show that H61 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

vy A@vz)=azV((zVy A{(zAy)V2)) cnf(equation_Hyg, , axiom)

bAa=a cnf(prove_distributivity_hypothesis, hypothesis)

b'Va #a cnf(prove_distributivity, negated_conjecture)

LAT248-1.p Equation H63 is Huntington by implication

Show that H63 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

e A((yVva)AyVvu)=zAyV((yVz)A(uV(yAz)))) enf(equation_Hgsg, axiom)
bAha=a cnf(prove_distributivity_hypothesis, hypothesis)

bVa #a cnf(prove_distributivity, negated_conjecture)

LAT249-1.p Equation H64 is Huntington by implication

Show that H64 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

zAyVz)=zAyV@eA(zV(@A(yV(zAz)))) cnf(equation_Hg,, axiom)

bAa=a cnf(prove_distributivity_hypothesis, hypothesis)

b'Va #ad cnf(prove_distributivity, negated_conjecture)

LAT250-1.p Equation H68 is Huntington by implication

Show that H68 is Huntington by deriving the Huntington implication X A Y =Y — X’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

V'Y’
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include(’Axioms/LAT001-4.ax’)
zA(yVvz)=xzA@yV(zA(zV(zAy)))) cnf(equation_Hgg, axiom)
bAa=a cnf(prove_distributivity_hypothesis, hypothesis)

bVa #a cnf(prove_distributivity, negated_conjecture)

LAT251-1.p Equation H69 is Huntington by implication

Show that H69 is Huntington by deriving the Huntington implication X A Y =Y —- X’ VY’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax”)

xA(yVz)=(@A V(@A) V(EA(yV(xAz)) cnf(equation_Hgg, axiom)

bAha=a cnf(prove_distributivity_hypothesis, hypothesis)

bVa #d cnf(prove_distributivity, negated_conjecture)

LAT252-1.p Equation H70 is Huntington by implication

Show that H70 is Huntington by deriving the Huntington implication X A Y =Y — X’V Y’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

zAyVEAyVw)=xzAyV AWV (yA(V=z)))) cnf(equation_H, axiom)

bAa=a cnf(prove_distributivity_hypothesis, hypothesis)

b'Va #a cnf(prove_distributivity, negated_conjecture)

LAT253-1.p Equation H76 is Huntington by implication

Show that H76 is Huntington by deriving the Huntington implication X A Y =Y —- X’ VY’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax”)

eAyViEAyVu)=xzAyV(zA(wV(xAy)))) enf(equation_H,4, axiom)

bAha=a cnf(prove_distributivity_hypothesis, hypothesis)

bVa #d cnf(prove_distributivity, negated_conjecture)

LAT254-1.p Equation H79 is Huntington by implication

Show that H79 is Huntington by deriving the Huntington implication X A Y =Y — X’V Y’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

zAyVzAEVY))=xzA(zA YV (zAz))V(zAuw) cnf(equation_H,g, axiom)

bAa=a cnf(prove_distributivity_hypothesis, hypothesis)

b'Va #a cnf(prove_distributivity, negated_conjecture)

LAT255-1.p Equation H80 is Huntington by implication

Show that H80 is Huntington by deriving the Huntington implication X A Y =Y — X’ VY’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

e A((zAy)V(EA@VyA(xV2))=(@Ay)V(zAz) cnf(equation_Hg, axiom)

bAha=a cnf(prove_distributivity_hypothesis, hypothesis)

bVa #a cnf(prove_distributivity, negated_conjecture)

LAT256-1.p Equation H81 is Huntington by implication

Show that H81 is Huntington by deriving the Huntington implication X A Y =Y — X’V Y’
complemented lattices.

include(’Axioms/LAT001-0.ax’)

include(’Axioms/LAT001-4.ax’)

e A((zAy)V(EAVyA(zV2))=xzA((zAy)V(xAZ2)) cnf(equation_Hg, , axiom)
bAa=a cnf(prove_distributivity_hypothesis, hypothesis)

b'Va #ad cnf(prove_distributivity, negated_conjecture)

LAT257-1.p Equation H82 is Huntington by implication

Show that H82 is Huntington by deriving the Huntington implication X A Y =Y — X’ VY’
complemented lattices.

include(’Axioms/LAT001-0.ax’)
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include(’Axioms/LAT001-4.ax’)
eA((YyA(xzV2)V(EA(xVY))=(@Ay)V(xAz) cnf(equation_Hg,, axiom)
bAa=a cnf(prove_distributivity_hypothesis, hypothesis)

bVa #a cnf(prove_distributivity, negated_conjecture)

LAT258+1.p A duality result on distributivity in lattices

xVy=t and z V z=u fof(join_assumption, axiom)

t A u=v fof(meet_assumption, axiom)

y A z=w and x V w=p fof(meet_join_assumption, axiom)

v<p = goal fof(goal _ax, axiom)

Va:a < a fof(less_than reflexive, axiom)

Va,b,c: ((a<band b<c) = a<c) fof(less_than_transitive, axiom)

Va,b,c: (aNb=c = (c<aandc<b)) fof(lower_bound_meet, axiom)

Va,b,c,d: ((aANb=cand d<aand d<b) = d<c) fof(greatest_lower_bound_meet, axiom)
Va,b,c: (aVb=c = (a<candb<c)) fof(upper_bound_join, axiom)

Va,b,c,d: ((aVb=cand a <dand b<d) = c¢<d) fof(least _upper_bound_join, axiom)

Va,b: (a <b = (aAb=a and aV b=b)) fof(less_than_meet_join, axiom)

Va,b,c: (a Nb=c = bAa=c) fof(commutitivity_meet, axiom)

Va,b,c: (aVb=c = bV a=c) fof(commutitivity_join, axiom)

Va,b,c,d,e, f: ((a ANb=d and d A c=e and bAc=f) = aA f=e) fof(associativity _meet, axiom)
Va,b,c,d e, f: ((aVb=d and dV c=e and bV c=f) = aV f=e) fof(associativity_join, axiom)
Ya,b,c,d,e, f,g,h: (bVc=h and aAh=d and aAb=e and aAc=f and eV f=g) = d < g) fof(lo_le_distr, axiom)
Va,b: dc: a A b=c fof(do_lattice, axiom)

goal fof(goal_to_be_proved, conjecture)

LAT259-1.p Problem about Tarski’s fixed point theorem

include(’Axioms/LAT006-0.ax’)

include(’ Axioms/MSC001-1.ax’)

include(’ Axioms/MSC001-0.ax’)

(c_Relation_Oantisym(v_r,t_a) and c_in(c_Pair(v_V,v_U,t_a,t_a), v_r, tc_prod(t_a, t_a)) and c_in(c_Pair(v_U,v_V, t_a,t.a), v_r,
v.U=v.V cnf(cls_Relation_Oantisym__def,,, axiom)

c_Relation_Oantisym(v_r, t_a) or c_in(c_Pair(c-Main_Oantisym__def_; (v_r, t-a), c-Main_Oantisym__def_,(v_r,t-a), t-a, t_a), v_r,
c_Relation_Oantisym(v_r, t-a) or c_in(c_Pair(c-Main_Oantisym__def_,(v_r, t-a),c.Main_Oantisym__def_; (v_r, t-a), t-a, t-a), v_r,
c-Main_Oantisym__def_, (v_r, t-a) = c_.Main_Oantisym__def_,(v_r,t-a) = c_Relation_Oantisym(v_r,t_a) cnf(cls_Relation _(
v_A = ¢_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit) cnf(cls_Tarski OA_A _61_61_Apset_Acl,, axiom)
c_in(v_P, ¢_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) = c_Relation_Orefl
c-in(v_P, c_Tarski_OPartialOrder, tc_Tarski_Opotype_-Opotype__ext__type(t-a, tc_.Product__Type_Ounit)) = c_Relation-Oant:
c-in(v_P, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t-a, tc_.Product__Type_Ounit)) = c_Relation_Otra:
(c_Relation_Oantisym(c_Tarski_-Opotype_Oorder(v_P, t_a, tc_Product__Type_Ounit), t-a) and c_Relation_Orefl(c_Tarski_Opots
c_in(v_P, ¢_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) cnf(cls_Tarski-O
c_in(v_cl, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) cnf(cls_Tarski_O
v_r = c¢_Tarski_Opotype_Oorder(v_cl, t_a, tc_ Product__Type_Ounit) cnf(cls_Tarski Or_A_61_61_Aorder_Acly, axiom)

c-in(c_Pair(v_a,v_b,t.a,t_a), v.r, tc_prod(t-a, t-a)) cnf(cls_conjecture,, negated_conjecture)
c_in(c_Pair(v_b,v_a, t_a,t-a), v.r, tc_prod(t_a, t_a)) enf(cls_conjecture; , negated_conjecture)
v,aF#vob cnf(cls_conjecture,, negated _conjecture)

LAT259-2.p Problem about Tarski’s fixed point theorem

c_in(c_Pair(v_a,v_b,t_a,t-a), v._r, tc_prod(t_a, t_-a)) enf(cls_conjecture,, negated_conjecture)

c_in(c_Pair(v_b,v_a, t_a,t-a), v_r, tc_prod(t_a, t_a)) cnf(cls_conjecture; , negated_conjecture)

va#£vb cnf(cls_conjecture,, negated_conjecture)

(c_Relation_Oantisym(v_r, t_a) and c_in(c_Pair(v_V,v_U,t_a,t_a), v_r, tc_prod(t_a, t_a)) and c_in(c_Pair(v_U,v_V, t_a,ta), v_r,
v.U=v.V cnf(cls_Relation_Oantisym__def,,, axiom)

c-in(v_P, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t-a, tc_.Product__Type_Ounit)) = c_Relation_Oant
c_in(v_cl, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) cnf(cls_Tarski_O
v_r = ¢_Tarski_Opotype_Oorder(v_cl, t_a, tc_ Product__Type_Ounit) cnf(cls_Tarski_Or_A_61_61_Aorder_Acly, axiom)

LAT260-1.p Problem about Tarski’s fixed point theorem

include(’Axioms/LAT006-0.ax’)

include(’ Axioms/MSC001-1.ax’)

include(’ Axioms/MSC001-0.ax’)

v_A = ¢_Tarski_Opotype_Opset(v_cl, t-a, tc_Product__Type_Ounit) cnf(cls_Tarski-OA_A_61_61_Apset_Acl,, axiom)
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(cin(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_ Product__Type_Ounit)) and c_in(v_cl, c.
c_in(c_Tarski_Olub(v_S, v_cl, t_a), c_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit), t_a) cnf(cls_Tarski_ OCL_Ol
c-in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) = c_Relation_C
c_in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) = c_Relation_C
c_in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) = c_Relation_C
c_in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) cnf(cls_Tarsk
c_in(c_Tarski_Odual(v_cl, t_a), c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Our
c-in(c_Tarski-Odual(v_cl, t_a), c_Tarski_OPartialOrder, tc_Tarski-Opotype_Opotype__ext__type(t-a, tc_Product__Type_Ounit))
c_Tarski_Oglb(v_S, v_cl, t-a) = c_Tarski_Olub(v_S, c_Tarski_Odual(v_cl, t_a), t_a) cnf(cls_Tarski-Oglb__dual__lub,, axiom)

c_Tarski_Opotype_Opset(c_Tarski_-Odual(v_cl, t_a), t_a, tc_Product__Type_Ounit) = c_Tarski_Opotype_Opset(v_cl, t_a, tc_Prod
c_lessequals(v_S, c_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit), tc_set(t_a)) cenf(cls_conjecture,, negated _con;
= c¢_in(c_Tarski_Odual(v_cl, t_a), c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit

LAT260-2.p Problem about Tarski’s fixed point theorem
- c_in(c-Tarski_Odual(v_cl, t_a), c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit
c_in(c_Tarski_Odual(v_cl, t_a), c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit))

LAT261-1.p Problem about Tarski’s fixed point theorem

include(’Axioms/LAT006-0.ax’)

include(’ Axioms/MSC001-1.ax’)

include(’ Axioms/MSC001-0.ax’)

v_A = ¢_Tarski_Opotype_Opset(v_cl, t-a, tc_Product__Type_Ounit) cnf(cls_Tarski-OA_A_61_61_Apset_Acl,, axiom)
(cin(v_cl, c_Tarski-OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_.Product__Type_Ounit)) and c_in(v_cl,c.
c_in(c_Tarski_Olub(v_S, v_cl, t_a), c_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit), t_a) cnf(cls_Tarski OCL_Ol
c_in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) = c_Relation_C
c_in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_ Product__Type_Ounit)) = c_Relation_C
c_in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_ Product__Type_Ounit)) = c_Relation_C
c-in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_-Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) cnf(cls_Tarsk
c_in(c_Tarski_-Odual(v_cl, t_a), c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Our
c_in(c_Tarski_Odual(v_cl, t-a), c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit))
c_Tarski_Oglb(v_S, v_cl, t-a) = c_Tarski_Olub(v_S, c_Tarski_Odual(v_cl, t_a), t_a) cnf(cls_Tarski_Oglb__dual__lub, axiom)
c_Tarski_Opotype_Opset(c_Tarski_Odual(v_cl, t_a), t_a, tc_Product__Type_Ounit) = ¢_Tarski_Opotype_Opset(v_cl, t_a, tc_Prod
clessequals(v_S, c_Tarski_Opotype_Opset(v_cl, t-a, tc_Product__Type_Ounit), tc_set(t-a)) cnf(cls_conjecture,, negated_con;
= c.in(c-Tarski_Odual(v_cl, t_a), c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_O

LAT261-2.p Problem about Tarski’s fixed point theorem
= c-in(c_Tarski-Odual(v_cl, t_a), c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t-a, tc_.Product__Type_O
c-in(c_Tarski-Odual(v_cl, t_a), c_Tarski_OCompleteLattice, tc_Tarski_-Opotype_Opotype__ext__type(t_a, tc_Product__Type_Our

LAT262-1.p Problem about Tarski’s fixed point theorem

include(’Axioms/LAT006-0.ax’)

include(’Axioms/MSC001-1.ax’)

include(’ Axioms/MSC001-0.ax’)

v_A = c¢_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit) cnf(cls_Tarski OA_A_61_61_Apset_Acl,, axiom)
(cin(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) and c_in(v_cl, c.
c_in(c_Tarski_Olub(v_S, v_cl, t_a), c_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit), t_a) cnf(cls_Tarski_ OCL_Ol
c-in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_.Product__Type_Ounit)) = c_Relation_C
c-in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_.Product__Type_Ounit)) = c_Relation_C
c_in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) = c_Relation_C
c_in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) cnf(cls_Tarsk
c_in(c_Tarski_Odual(v_cl, t_a), c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Our
c-in(c_Tarski-Odual(v_cl, t_a), c_Tarski_OPartialOrder, tc_Tarski-Opotype_Opotype__ext__type(t-a, tc_Product__Type_Ounit))
c_Tarski_Oglb(v_S, v_cl, t-a) = c_Tarski_Olub(v_S, c_Tarski_Odual(v_cl, t_a), t_a) cnf(cls_Tarski-Oglb__dual__lub, axiom)
c_Tarski_Opotype_Opset(c_Tarski_-Odual(v_cl, t_a), t_a, tc_Product__Type_Ounit) = c_Tarski_Opotype_Opset(v_cl, t_a, tc_Prod
c_lessequals(v_S, c_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit), tc_set(t_a)) enf(cls_conjecture,, negated _con;
= c¢lessequals(v_S, c_Tarski_Opotype_Opset(c_Tarski_Odual(v_cl, t_a), t_a, tc_Product__Type_Ounit), tc_set(t_a)) cenf(cls_co

LAT262-2.p Problem about Tarski’s fixed point theorem

c_lessequals(v_S, c_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit), tc_set(t_a)) enf(cls_conjecture,, negated _con;
= ¢_lessequals(v_S, ¢_Tarski_Opotype_Opset(c_Tarski_Odual(v_cl, t_a), t_a, tc_Product__Type_Ounit), tc_set(t_a)) cenf(cls_co
v_A = ¢_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit) cnf(cls_Tarski OA_A_61_61_Apset_Acl,, axiom)
c_Tarski_Opotype_Opset(c_Tarski_-Odual(v_cl, t_a), t_a, tc_Product__Type_Ounit) = c¢_Tarski_Opotype_Opset(v_cl, t_a, tc_Prod
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LAT263-1.p Problem about Tarski’s fixed point theorem

include(’Axioms/LAT006-0.ax’)

include(’ Axioms/MSC001-1.ax’)

include(’ Axioms/MSC001-0.ax’)

v_A = c¢_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit) cnf(cls_Tarski OA_A _61_61_Apset_Acl,, axiom)
(cin(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) and c_in(v_cl, c.
c_in(c_Tarski_Olub(v_S, v_cl, t_a), c_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit), t_a) cnf(cls_Tarski_ OCL_Ol
c-in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) = c_Relation_C
c_in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) = c_Relation_C
c_in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) = c_Relation_C
c_in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) cnf(cls_Tarsk
c_in(c_Tarski_Odual(v_cl, t_a), c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Our
c-in(c_Tarski-Odual(v_cl, t_a), c_Tarski_OPartialOrder, tc_Tarski-Opotype_Opotype__ext__type(t-a, tc_Product__Type_Ounit))
c_Tarski_Oglb(v_S, v_cl, t-a) = c_Tarski_Olub(v_S, c_Tarski_Odual(v_cl, t_a), t_a) cnf(cls_Tarski-Oglb__dual__lub, axiom)
c_Tarski_Opotype_Opset(c_Tarski_-Odual(v_cl, t_a), t_a, tc_Product__Type_Ounit) = c_Tarski_Opotype_Opset(v_cl, t_a, tc_Prod
clessequals(v_S, v_A, tc_set(t_a)) cnf(cls_conjecture, negated _conjecture)

= c¢_in(c_Tarski_Oglb(v_S,v_cl,t_a),v_A t_a) cnf(cls_conjecture,, negated_conjecture)

LAT263-2.p Problem about Tarski’s fixed point theorem

clessequals(v_S, v_A, tc_set(t_a)) cnf(cls_conjecture, negated _conjecture)

—c_in(c-Tarski_Oglb(v_S,v_cl,t_a),v_A, t_a) cnf(cls_conjecture,, negated_conjecture)

v_A = ¢_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit) cnf(cls_Tarski OA_A _61_61_Apset_Acl,, axiom)
(cin(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) and c_in(v_cl, c.
c-in(c_Tarski_Olub(v_S, v_cl, t_a), c_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit), t_a) cnf(cls_Tarski_ OCL_Ol
c_in(c_Tarski_-Odual(v_cl, t_a), c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Our
c_in(c_Tarski_Odual(v_cl, t-a), c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit))
c_Tarski_Oglb(v_S, v_cl, t-a) = c_Tarski_Olub(v_S, c_Tarski_Odual(v_cl, t_a), t_a) cnf(cls_Tarski_Oglb__dual__lub, axiom)
c_Tarski_Opotype_Opset(c_Tarski_Odual(v_cl, t_a), t_a, tc_Product__Type_Ounit) = ¢_Tarski_Opotype_Opset(v_cl, t_a, tc_Prod

LAT264-1.p Problem about Tarski’s fixed point theorem

include(’Axioms/LAT006-1.ax’)

include(’Axioms/LAT006-0.ax’)

include(’ Axioms/MSC001-1.ax’)

include(’ Axioms/MSC001-0.ax’)

c_lessequals(v_S, c_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit), tc_set(t_a)) enf(cls_conjecture,, negated _con;
cin(vx,v.S, t.a) cenf(cls_conjecture, , negated _conjecture)

= c¢_in(c_Tarski_Odual(v_cl, t_a), c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit

LAT264-2.p Problem about Tarski’s fixed point theorem
= c_in(c-Tarski_-Odual(v_cl, t_a), c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit
c_in(c_Tarski_Odual(v_cl, t-a), c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit))

LAT265-1.p Problem about Tarski’s fixed point theorem

include(’Axioms/LAT006-1.ax”)

include(’Axioms/LAT006-0.ax”)

include(’ Axioms/MSC001-1.ax’)

include(’ Axioms/MSC001-0.ax’)

clessequals(v_S, c_Tarski_Opotype_Opset(v_cl, t-a, tc_Product__Type_Ounit), tc_set(t-a)) cnf(cls_conjecture,, negated_con;
cin(vx,v_S, t.a) cnf(cls_conjecture, , negated_conjecture)

= c.in(c-Tarski_-Odual(v_cl, t_a), c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t-a, tc_Product__Type_O

LAT265-2.p Problem about Tarski’s fixed point theorem
= c-in(c_Tarski-Odual(v_cl, t_a), c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t-a, tc_.Product__Type_O
c-in(c_Tarski-Odual(v_cl, t_a), c_Tarski_OCompleteLattice, tc_Tarski_-Opotype_Opotype__ext__type(t_a, tc_Product__Type_Our

LAT266-1.p Problem about Tarski’s fixed point theorem

include(’Axioms/LAT006-1.ax’)

include(’Axioms/LAT006-0.ax’)

include(’ Axioms/MSC001-1.ax’)

include(’ Axioms/MSC001-0.ax’)

c_lessequals(v_S, c_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit), tc_set(t_a)) cenf(cls_conjecture,, negated _con;
cin(vx,v.S, t.a) cnf(cls_conjecture, , negated_conjecture)

= ¢ lessequals(v_S, c_Tarski_Opotype_Opset(c_Tarski_Odual(v_cl, t-a), t-a, tc_Product__Type_Ounit), tc_set(t-a)) cnf(cls_co
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LAT266-2.p Problem about Tarski’s fixed point theorem

c_lessequals(v_S, c_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit), tc_set(t_a)) cnf(cls_conjecture,, negated_con;
= clessequals(v_S, c_Tarski_Opotype_Opset(c_Tarski_Odual(v_cl, t-a), t_a, tc_Product__Type_Ounit), tc_set(t_a)) cnf(cls_co
v_A = c¢_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit) enf(cls_Tarski OA_A_61_61_Apset_Acl,, axiom)
c_Tarski_Opotype_Opset(c_Tarski_-Odual(v_cl, t_a), t_a, tc_Product__Type_Ounit) = c_Tarski_Opotype_Opset(v_cl, t_a, tc_Prod

LAT267-1.p Problem about Tarski’s fixed point theorem

include(’Axioms/LAT006-1.ax’)

include(’Axioms/LAT006-0.ax’)

include(’Axioms/MSC001-1.ax’)

include(’ Axioms/MSC001-0.ax’)

c_lessequals(v_S, c_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit), tc_set(t_a)) cenf(cls_conjecture,, negated _con;
cin(vx,v.S, t.a) cnf(cls_conjecture, , negated _conjecture)

—cdn(vx,v_S, t_a) cnf(cls_conjecture,, negated_conjecture)

LAT267-2.p Problem about Tarski’s fixed point theorem
cin(vx,v.S t.a) enf(cls_conjecture; , negated _conjecture)
—cin(vx,v_S,t-a) cnf(cls_conjecture,, negated _conjecture)

LAT268-1.p Problem about Tarski’s fixed point theorem

include(’Axioms/LAT006-1.ax’)

include(’Axioms/LAT006-0.ax’)

include(’ Axioms/MSC001-1.ax’)

include(’ Axioms/MSC001-0.ax’)

c_lessequals(v_S, v_A, tc_set(t_a)) cnf(cls_conjecture, negated _conjecture)

cin(vx,v.S, t.a) cnf(cls_conjecture, , negated _conjecture)

= cin(c-Pair(c_Tarski_Oglb(v_S, v_cl, t_a), v_x, t_a, t_a), v_r, tc_prod(t_a, t-a)) cnf(cls_conjecture,, negated_conjecture)

LAT268-2.p Problem about Tarski’s fixed point theorem

clessequals(v_S, v_A, tc_set(t_a)) cnf(cls_conjecture, negated _conjecture)

cin(vx,v_S, t.a) cnf(cls_conjecture,, negated_conjecture)

= c_in(c_Pair(c_Tarski_Oglb(v_S,v_cl,t_a), v.x, t_a, t_a), v_r, tc_prod(t_a, t_a)) cnf(cls_conjecture,, negated_conjecture)

v_A = ¢_Tarski_Opotype_Opset(v_cl, t-a, tc_Product__Type_Ounit) cnf(cls_Tarski-OA_A_61_61_Apset_Acl,, axiom)
(cin(vx,v_S,t-a) and c_in(v_cl, c.Tarski_OCompleteLattice, tc_Tarski-Opotype_-Opotype__ext__type(t-a, tc_Product__Type_C
c_in(c_Pair(v_x, c_Tarski_Olub(v_S, v_cl, t_a), t_a, t_a), c_Tarski_Opotype_Oorder(v_cl, t_a, tc_Product__Type_Ounit), tc_prod (t-
c_in(c_Pair(v_x, v_y, t_a, t-a), c_Tarski_Opotype_Oorder(c_Tarski_-Odual(v_cl, t_a), t_a, tc_Product__Type_Ounit), tc_prod(t_a, t-
c_in(c_Pair(v_y, v_x, t_a, t_a), c_Tarski_Opotype_Oorder(v_cl, t_a, tc_ Product__Type_Ounit), tc_prod(t_a, t_a)) cnf(cls_Tarsk
c_in(c_Tarski_Odual(v_cl, t_a), c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Our
c-in(c_Tarski-Odual(v_cl, t_a), c_Tarski_OPartialOrder, tc_Tarski-Opotype_Opotype__ext__type(t-a, tc_Product__Type_Ounit))
c_Tarski_Oglb(v_S, v_cl, t-a) = c_Tarski_Olub(v_S, c_Tarski_Odual(v_cl, t_a), t_a) enf(cls_Tarski_Oglb__dual__lub,, axiom)
c_Tarski_Opotype_Opset(c_Tarski_-Odual(v_cl, t_a), t_a, tc_Product__Type_Ounit) = c_Tarski_Opotype_Opset(v_cl, t_a, tc_Prod
v_r = ¢_Tarski_Opotype_Oorder(v_cl, t_a, tc_ Product__Type_Ounit) cnf(cls_Tarski_Or_A_61_61_Aorder_Acly, axiom)

LAT269-1.p Problem about Tarski’s fixed point theorem

include(’Axioms/LAT006-0.ax’)

include(’Axioms/MSC001-1.ax’)

include(’ Axioms/MSC001-0.ax’)

c_in(c_Tarski_OTop(v_cl,t-a),v_A, t_a) enf(cls_Tarski_ OTop_Acl_ A 58 AA_A _61_61_ATrue,, axiom)

(cin(v_b,v_A t.a) and c_in(v_a,v_A,t.a)) = (c.in(c_Tarski_Opotype_Opotype__ext(c_Tarski_Ointerval(v_r,v_a,v_b,t_a),c T
c_emptyset) cnf(cls_Tarski 091124 _Aa2 A 58 AA_59_Ab2_A 58 AA_59_Ainterval Ar_Aa2_Ab2_A 126 61_A_123_125_A_1
c-in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) = c_Relation_C
c_in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) = c_Relation_C
c_in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) = c_Relation_C
c_in(v_cl, c_Tarski_OCompleteLattice, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) cnf(cls_Tarsk
v_intY; = c_Tarski_Ointerval(v_r, c_Tarski_Olub(v_Y, v_cl, t-a), c_Tarski_OTop(v_cl, t_a), t_a) cnf(cls_Tarski_ OintY1_A _61_
cin(c_Tarski_Olub(v_Y,v_cl, t-a),v_A, t_a) cnf(cls_Tarski_-Olub_AY_Acl.A_58_AA_A_61_61_ATruey, axiom)

cin(vx,v_A, t.a) = c_Tarski_Ointerval(v_r, v_x, c_Tarski_OTop(v_cl, t_a), t-a) # c_emptyset cnf(cls_Tarski_Ox1_A_58_A/
= c.in(c-Tarski_Opotype_Opotype__ext(v_int Yy, c_Tarski_Oinduced(v_int Yy, v_r, t-a), c_.Product__Type_OUnity, t_a, tc_Produc

LAT269-2.p Problem about Tarski’s fixed point theorem
= c¢_in(c_Tarski_Opotype_Opotype__ext(v_intYy, c_Tarski_Oinduced(v_intYy, v_r, t_a), c_ Product__Type_OUnity, t _a, tc_Produc
c_in(c-Tarski_-OTop(v_cl, t-a), v_A, t_a) cnf(cls_Tarski-OTop_Acl_ A_58_AA_A_61_61_ATrue,, axiom)
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(cin(v_b,v_A t.a) and c_in(v_a,v_A,t.a)) = (c.in(c_Tarski_Opotype_Opotype__ext(c_Tarski_Ointerval(v_r,v_a,v_b,t_a),c T
c_emptyset) cnf(cls_Tarski 091124 _Aa2 A 58 AA_59_Ab2_A 58 AA_59_Ainterval Ar_Aa2_Ab2_A_ 126 61_A_123_125_A_1
v_intY; = c_Tarski_Ointerval(v_r, c_Tarski_-Olub(v_Y, v_cl, t-a), c_Tarski_-OTop(v_cl, t_a), t_a) cnf(cls_Tarski_-OintY1_A_61_
c-in(c_Tarski_Olub(v_Y,v_cl,t_a), v_A, t_a) enf(cls_Tarski_-Olub_AY _Acl_ A _58_AA_A _61_61_ATruey, axiom)

cin(vx,v_A,t.a) = c_Tarski_Ointerval(v_r,v_x, c_Tarski_OTop(v_cl,t_a), t-a) # c_emptyset enf(cls_Tarski Ox1_A_58_A A

LAT270-1.p Problem about Tarski’s fixed point theorem
include(’Axioms/LAT006-2.ax’)
include(’Axioms/LAT006-0.ax’)
include(’ Axioms/MSC001-1.ax’)
include(’Axioms/MSC001-0.ax’)

cin(v_a,v_A,t.a) cnf(cls_conjecturey, negated _conjecture)

cin(v_b,v_A t.a) cnf(cls_conjecture,, negated_conjecture)

c_lessequals(v_S, c_Tarski_Ointerval(v_r,v_a, v_b, t_a), tc_set(t-a)) cnf(cls_conjecture,, negated _conjecture)
v_S # c_emptyset enf(cls_conjectures, negated _conjecture)

c¢_Tarski_OisLub(v_S,v_cl,v_L,t_a) cnf(cls_conjecture,, negated_conjecture)
c_Tarski_Ointerval(v_r,v_a,v_b, t_a) # c_emptyset cnf(cls_conjectures, negated _conjecture)
—clessequals(v_S, v_A, tc_set(t_a)) cnf(cls_conjectureg, negated_conjecture)

LAT270-2.p Problem about Tarski’s fixed point theorem

cin(v_a,v_A, t.a) cnf(cls_conjecturey, negated _conjecture)

cin(v_b,v_A t.a) cnf(cls_conjecture,, negated_conjecture)

clessequals(v_S, c_Tarski_Ointerval(v_r, v_a, v_b, t_a), tc_set(t-a)) cnf(cls_conjecture,, negated_conjecture)
— ¢ lessequals(v_S, v_A, tcset(t-a)) cnf(cls_conjectureg, negated_conjecture)

(cin(v_b,v_A,t.a) and c.in(v_a,v_A t_a) and c_lessequals(v_S, c_Tarski_Ointerval(v_r,v_a,v_b,t_a), tc_set(t-a))) =
c_lessequals(v_S,v_A, tc_set(t_a)) cnf(cls_Tarski O_91_124_Aal_A 58 AA 59 _Abl A 58 AA 59 _AS1_A_60_61_Ainterval Ar.

LAT271-1.p Problem about Tarski’s fixed point theorem
include(’Axioms/LAT006-2.ax’)
include(’Axioms/LAT006-0.ax”)
include(’ Axioms/MSC001-1.ax’)
include(’ Axioms/MSC001-0.ax’)

c-in(v.a,v_A, t.a) cnf(cls_conjecture,, negated_conjecture)

cin(v_b,v_A t.a) cnf(cls_conjecture; , negated _conjecture)

clessequals(v_S, c_Tarski_Ointerval(v_r,v_a, v_b, t_a), tc_set(t-a)) cnf(cls_conjecture,, negated _conjecture)
v_S # c_emptyset cenf(cls_conjectures, negated _conjecture)

c_Tarski_OisLub(v_S, v_cl,v_L,t_a) cnf(cls_conjecture,, negated _conjecture)

c_Tarski_Ointerval(v_r,v_a, v_b, t_a) # c_emptyset cnf(cls_conjectures, negated_conjecture)

cin(vx,v_S, t.a) cnf(cls_conjecturey, negated_conjecture)

—c.in(c_Pair(v_a, vx,t.a,t-a), v.r, tc_prod(t-a, t-a)) cnf(cls_conjecture,, negated _conjecture)
LAT271-2.p Problem about Tarski’s fixed point theorem

clessequals(v_S, c_Tarski_Ointerval(v_r, v_a, v_b, t_a), tc_set(t-a)) cnf(cls_conjecture,, negated_conjecture)
cin(vx,v_S, t.a) cnf(cls_conjecturey, negated_conjecture)

—c.in(c_Pair(v_a, vx,t.a,t-a), v.r, tc_prod(t-a, t-a)) cnf(cls_conjecture,, negated _conjecture)

(cin(vx,v_S,t.a) and c_lessequals(v_S, c_Tarski_Ointerval(v_r,v_a,v_b,t_a), tc_set(t_a))) = c.in(c_Pair(v_a,vx,t_a,ta),v.r

LAT272-1.p Problem about Tarski’s fixed point theorem
include(’Axioms/LAT006-2.ax’)
include(’Axioms/LAT006-0.ax’)
include(’ Axioms/MSC001-1.ax’)
include(’ Axioms/MSC001-0.ax’)

c-in(v.a,v_A, t.a) cnf(cls_conjecturey, negated_conjecture)

cin(v_b,v_A t.a) cnf(cls_conjecture,, negated_conjecture)

c_lessequals(v_S, c_Tarski_Ointerval(v_r,v_a, v_b, t_a), tc_set(t-a)) cnf(cls_conjecture,, negated _conjecture)
v_S # c_emptyset cnf(cls_conjectures, negated _conjecture)

c¢_Tarski_OisLub(v_S,v_cl,v_L,t_a) cnf(cls_conjecture,, negated_conjecture)
c_Tarski_Ointerval(v_r,v_a,v_b, t_a) # c_emptyset cnf(cls_conjectures, negated_conjecture)

cin(vx,v_S, t.a) cnf(cls_conjecturey, negated_conjecture)

—c.in(c-Pair(vx,v_L, t_a,t.a),vr, tc_prod(t-a,t-a)) cnf(cls_conjecture,, negated _conjecture)

LAT272-2.p Problem about Tarski’s fixed point theorem
c_Tarski_OisLub(v_S,v_cl,v_L,t.a) cnf(cls_conjecture, negated_conjecture)
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cin(vx,v_S, t.a) cnf(cls_conjectureg, negated _conjecture)
= c.in(c_Pair(vx,v_L,t_a,t_a), v.r, tc_prod(t_a, t_a)) cnf(cls_conjecture,, negated_conjecture)
(c-Tarski_OisLub(v_S, v_cl,v_L, t_a) and c_in(v_y,v_S,t-a)) = c.in(c-Pair(v_y,v_L,t_a,t_a), v_r, tc_prod(t-a, t-a)) cnf(cls.

LAT273-1.p Problem about Tarski’s fixed point theorem
include(’Axioms/LAT006-2.ax’)
include(’Axioms/LAT006-0.ax’)
include(’Axioms/MSC001-1.ax’)
include(’ Axioms/MSC001-0.ax’)

cin(v_a,v_A,t.a) cenf(cls_conjecturey, negated _conjecture)

cin(v_b,v_A, t_a) cnf(cls_conjecture, , negated _conjecture)

clessequals(v_S, c_Tarski_Ointerval(v_r, v_a, v_b, t_a), tc_set(t-a)) cnf(cls_conjecture,, negated_conjecture)
v_S # c_emptyset cnf(cls_conjectures, negated_conjecture)

c_Tarski_OisLub(v_S, v_cl,v_L,t.a) cnf(cls_conjecture,, negated _conjecture)

c¢_Tarski_Ointerval(v_r, v_a,v_b, t_a) # c_emptyset cnf(cls_conjectures, negated_conjecture)

= c.in(c_Pair(v_L,v_b,t_a,t_a), v_r, tc_prod(t_a, t_a)) cnf(cls_conjecturey, negated _conjecture)

LAT273-2.p Problem about Tarski’s fixed point theorem

(cin(vx,v_S,t-a) and c_lessequals(v_S, c_Tarski_Ointerval(v_r, v_a, v_b,t_a), tc_set(t_a))) = c.in(c_Pair(vx,v_b,t.a,t-a),v.r
(c_Tarski_OisLub(v_S, v_cl,v_L,t_a) and c_in(v_z,v_A,t.a)) = (c.in(c_Pair(v_L,v_z,t_a,ta),v_r,tc_prod(t-a,t-a)) or c_in(v
(c_Tarski_OisLub(v_S,v_cl,v_L,t.a) and c_in(v_z,v_A,t_a) and c_in(c_Pair(v_sko_4mi(v_S,v_r,v_z),v_z t_a,ta), v_r, tc_prod(
c_in(c_Pair(v_L,v_z,ta,t_a), v.r, tc_.prod(t-a, t-a)) cnf(cls_Tarski-O_91_124_AisLub_AS1_Acl_ AL1_59_Az1_A_58_AA_59_A/
cin(v_b,v_A t.a) cnf(cls_conjecture,, negated_conjecture)

clessequals(v_S, c_Tarski_Ointerval(v_r,v_a, v_b, t_a), tc_set(t-a)) cnf(cls_conjecture,, negated _conjecture)
c_Tarski_OisLub(v_S, v_cl,v_L,t.a) cnf(cls_conjecture,, negated _conjecture)

= c.in(c_Pair(v_L,v_b,t_a,t_a), v_r, tc_prod(t_a, t_a)) cnf(cls_conjecturey, negated _conjecture)

LAT274-1.p Problem about Tarski’s fixed point theorem
include(’Axioms/LAT006-2.ax’)
include(’Axioms/LAT006-0.ax’)
include(’ Axioms/MSC001-1.ax’)
include(’ Axioms/MSC001-0.ax’)

c.in(v.a,v_A,t.a) cnf(cls_conjecture,, negated_conjecture)

cin(v_b,v_A, t.a) cnf(cls_conjecture; , negated _conjecture)

c_lessequals(v_S, c_Tarski_Ointerval(v_r,v_a,v_b, t_a), tc_set(t_a)) cnf(cls_conjecture,, negated_conjecture)
v_S # c_emptyset cnf(cls_conjectures, negated _conjecture)

c_Tarski_OisLub(v_S,v_cl,v_L,t.a) cnf(cls_conjecture,, negated_conjecture)

c_Tarski_Ointerval(v_r,v_a, v_b, t_a) # c_emptyset cnf(cls_conjectures, negated_conjecture)

= c.in(v_L, c_Tarski_Ointerval(v_r,v_a,v_b,t_a), t_a) enf(cls_conjecturey, negated _conjecture)

LAT275-2.p Problem about Tarski’s fixed point theorem

clessequals(v_S, v_A, tc_set(t_a)) cnf(cls_conjecture, negated_conjecture)

= c_in(c-Tarski_Olub(v_S, v_cl, t-a), c_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit), t_a) enf(cls_conjecture,, n
v_A = c¢_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit) cnf(cls_Tarski OA_A_61_61_Apset_Acl,, axiom)
c_lessequals(v_S,v_A, tcset(t_a)) = c_in(c_Tarski_Olub(v_S,v_cl,t.a),v_A t_a) cnf(cls_Tarski OS_A_60_61_AA_A 61 61

LAT276-2.p Problem about Tarski’s fixed point theorem

clessequals(v_S, v_A, tc_set(t_a)) cnf(cls_conjecture, negated _conjecture)

(cin(v-V,v_S,t.a) and c_in(c_Pair(v_xa, c_Tarski_Olub(v_S, v_cl, t_a), t_a, t-a), c_Tarski_Opotype_Oorder(v_cl, t_a, tc_Product_
c_in(c_Pair(v_V,v_xa, t_a, t_a), c_Tarski_Opotype_Oorder(v_cl, t_a, tc_ Product__Type_Ounit), tc_prod(t_a, t_a)) cnf(cls_conj

c_in(v_xa, c_Tarski_Opotype_Opset(v_cl, t_a, tc_ Product__Type_Ounit), t_a) or c_in(v_xa,v_S,t_a) cnf(cls_conjectures, nega
c-in(c_Pair(c-Tarski_Olub(v_S, v_cl, t_a), v_xa, t_a, t_a), c_Tarski_Opotype_Oorder(v_cl, t_a, tc_.Product__Type_Ounit), tc_prod(t
c.in(vxa,v_S,t-a) cenf(cls_conjecture,, negated_conjecture)

c_in(c_Pair(c_-Tarski_Olub(v_S, v_cl, t-a), v_xa, t_a, t_a), c_Tarski_Opotype_Oorder(v_cl, t_a, tc_Product__Type_Ounit), tc_prod(t
= c¢_in(c_Pair(v_xa, c_Tarski_Olub(v_S, v_cl, t_a), t_a, t_a), c_Tarski_Opotype_Oorder(v_cl, t_a, tc_Product__Type_Ounit), tc_prod
cin(v_U,v_S,t.a) = (c_in(c_Pair(v_U,v_xa,t_a,t_a),c_Tarski_Opotype_Oorder(v_cl, t_a, tc_Product__Type_Ounit), tc_prod (t.
(c-n(v-c,v_A,t_a) and clessequals(v_A, v_B,tcset(t-a))) = c.in(v_c,v_B,t.a) cnf(cls_Set_OsubsetDy, axiom)

v_A = c¢_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit) enf(cls_Tarski OA_A_61_61_Apset_Acl,, axiom)
(cin(v_L,v_A,t_a) and c_lessequals(v_S,v_A, tc_set(t-a))) = (c.in(c_Pair(c_Tarski_Olub(v_S,v_cl,t_a),v_L,t_a,t_a), v_r, tc_p:
(cin(v_L,v_A,t.a) and c_in(c_Pair(v_sko_4mP(v_L,v_S,v_r),v.L, t_a, t.a), v, tc_prod(t_a, t_a)) and c_lessequals(v_S, v_A, tc.
c_in(c_Pair(c_-Tarski_Olub(v_S, v_cl, t-a), v_L, t_a, t_a), v_r, tc_prod(t_a, t-a)) cnf(cls_Tarski 091124 _AS1_A_60_61_AA_59_
(cdn(vx,v_S,t-a) and c_lessequals(v_S, v_A, tc_set(t-a))) = c.in(c_Pair(v_x, c_Tarski_Olub(v_S,v_cl, t_a), t-a,t-a), v_r, tc_pro
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v_r = ¢_Tarski_Opotype_Oorder(v_cl, t_a, tc_ Product__Type_Ounit) cnf(cls_Tarski Or_A_61_61_Aorder_Acly, axiom)

LAT277-1.p Problem about Tarski’s fixed point theorem

include(’Axioms/LAT006-0.ax”)

include(’ Axioms/MSC001-1.ax’)

include(’ Axioms/MSC001-0.ax’)

(c_Relation_Orefl(v_A, v_r,t-a) and cin(v_a,v_A,t.a)) = c.in(c_Pair(v_a,v_a,t_a,t_a), v_r, tc_prod(t_a, t_a)) cnf(cls_Rela
v_A = ¢_Tarski_Opotype_Opset(v_cl, t-a, tc_Product__Type_Ounit) cnf(cls_Tarski_ OA_A_61_61_Apset_Acl,, axiom)
c_in(v_P, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t-a, tc_Product__Type_Ounit)) = c_Relation_Orefl
c_in(v_P, ¢_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) = c_Relation_Oant
c_in(v_P, ¢_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) = c_Relation_Otra:
(c_Relation_Oantisym (c_Tarski_Opotype_Oorder(v_P, t_a, tc_Product__Type_Ounit), t_a) and c¢_Relation_Orefl(c_Tarski_Opot;
c-in(v_P, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t-a, tc_.Product__Type_Ounit)) cnf(cls_Tarski_O.
c_in(v_cl, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) cnf(cls_Tarski_O
v_r = c_Tarski_Opotype_Oorder(v_cl, t_a, tc_Product__Type_Ounit) enf(cls_Tarski_Or_A_61_61_Aorder_Acly, axiom)
cin(vx,v_A,t.a) cnf(cls_conjecturey, negated _conjecture)

= c.in(c_Pair(v_x, v_x,t_a,t_a), v.r, tc_prod(t_a, t_a)) cnf(cls_conjecture,, negated_conjecture)

LAT277-2.p Problem about Tarski’s fixed point theorem

cin(vx,v_A, t.a) cenf(cls_conjecture, negated _conjecture)

= c.in(c_Pair(v_x, v.x,t_a,t_a), v.r, tc_prod(t_a, t_a)) cnf(cls_conjecture,, negated_conjecture)

(c_Relation Orefl(v_A,v_r,t-a) and c.in(v_a,v_A,t.a)) = c.in(c_Pair(v_a,v_a,t_a,t_a), v.r,tc_prod(t_a,t_a)) cnf(cls_Rela
v_A = ¢_Tarski_Opotype_Opset(v_cl, t-a, tc_Product__Type_Ounit) cnf(cls_Tarski-OA_A_61_61_Apset_Acl,, axiom)
c-in(v_P, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t-a, tc_.Product__Type_Ounit)) = c_Relation_Orefl
c_in(v_cl, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) cnf(cls_Tarski_O
v_r = ¢_Tarski_Opotype_Oorder(v_cl, t_a, tc_ Product__Type_Ounit) cnf(cls_Tarski_Or_A_61_61_Aorder_Acly, axiom)

LAT278-1.p Problem about Tarski’s fixed point theorem

include(’Axioms/LAT006-0.ax”)

include(’ Axioms/MSC001-1.ax’)

include(’Axioms/MSC001-0.ax’)

v_A = ¢_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit) cnf(cls_Tarski OA_A _61_61_Apset_Acl,, axiom)
c-in(v_P, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t-a, tc_.Product__Type_Ounit)) = c_Relation_Orefl
c-in(v_P, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t-a, tc_.Product__Type_Ounit)) = c_Relation_Oant
c_in(v_P, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) = c_Relation_Otra:
(c_Relation_Oantisym (c_Tarski_Opotype_Oorder(v_P, t_a, tc_Product__Type_Ounit), t_a) and ¢_Relation_Orefl(c_Tarski_Opot;
c_in(v_P, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) cnf(cls_Tarski_O:
c-in(v_cl, c_Tarski_OPartialOrder, tc_Tarski-Opotype_Opotype__ext__type(t-a, tc_Product__Type_Ounit)) cnf(cls-Tarski_O
v_r = c_Tarski_Opotype_Oorder(v_cl, t_a, tc_Product__Type_Ounit) cnf(cls_Tarski_Or_A_61_61_Aorder_Acly, axiom)

—c_Relation Orefl(v_A, v._r,t_a) cnf(cls_conjecture, negated _conjecture)
LAT278-2.p Problem about Tarski’s fixed point theorem
—c-Relation_Orefl(v_A, v.r, t_a) cnf(cls_conjecture, negated_conjecture)

v_A = c¢_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit) cnf(cls_Tarski_ OA_A _61_61_Apset_Acl,, axiom)
c_in(v_P, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) = c_Relation_Orefl
c_in(v_cl, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) cnf(cls_Tarski_O
v_r = ¢_Tarski_Opotype_Oorder(v_cl, t_a, tc_ Product__Type_Ounit) cnf(cls_Tarski_ Or_A_61_61_Aorder_Acly, axiom)

LAT279-1.p Problem about Tarski’s fixed point theorem

include(’Axioms/LAT006-0.ax’)

include(’ Axioms/MSC001-1.ax’)

include(’ Axioms/MSC001-0.ax’)

v_A = ¢_Tarski_Opotype_Opset(v_cl, t-a, tc_Product__Type_Ounit) cnf(cls_Tarski-OA_A_61_61_Apset_Acl,, axiom)
c-in(v_P, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t-a, tc_.Product__Type_Ounit)) = c_Relation_Orefl
c_in(v_P, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t-a, tc_Product__Type_Ounit)) = c_Relation_Oant
c_in(v_P, ¢_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) = c_Relation_Otra:
(c_Relation_Oantisym (c_Tarski_Opotype_Oorder(v_P, t_a, tc_Product__Type_Ounit), t_a) and c¢_Relation_Orefl(c_Tarski_Opot;
c_in(v_P, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) cnf(cls_Tarski_O.
c-in(v_cl, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) cnf(cls-Tarski_O
v_r = c_Tarski_Opotype_Oorder(v_cl, t_a, tc_Product__Type_Ounit) enf(cls_Tarski_Or_A_61_61_Aorder_Acly, axiom)

- c_Relation_Oantisym(v_r, t_a) cnf(cls_conjecture, negated _conjecture)

LAT279-2.p Problem about Tarski’s fixed point theorem
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- ¢_Relation_Oantisym(v_r, t_a) cnf(cls_conjecture, negated _conjecture)

c_in(v_P, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) = c_Relation_Oant:
c-in(v_cl, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t-a, tc_Product__Type_Ounit)) cnf(cls-Tarski_O
v_r = c_Tarski_Opotype_Oorder(v_cl, t_a, tc_Product__Type_Ounit) enf(cls_Tarski_ Or_A_61_61_Aorder_Acly, axiom)

LAT280-1.p Problem about Tarski’s fixed point theorem

include(’Axioms/LAT006-0.ax’)

include(’Axioms/MSC001-1.ax’)

include(’ Axioms/MSC001-0.ax’)

v_A = c¢_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit) cnf(cls_Tarski OA_A_61_61_Apset_Acl,, axiom)
c_in(v_P, ¢_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) = c_Relation_Orefl
c-in(v_P, c_Tarski_OPartialOrder, tc_Tarski_Opotype_-Opotype__ext__type(t-a, tc_.Product__Type_Ounit)) = c_Relation_-Oant:
c-in(v_P, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t-a, tc_.Product__Type_Ounit)) = c_Relation_Otra:
(c_Relation_Oantisym(c_Tarski_-Opotype_Oorder(v_P, t_a, tc_Product__Type_Ounit), t-a) and c_Relation_Orefl(c_Tarski_Opots
c_in(v_P, ¢_Tarski_OPartialOrder, t¢c_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) cenf(cls_Tarski-O
c_in(v_cl, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) cnf(cls_Tarski_O
v_r = c¢_Tarski_Opotype_Oorder(v_cl, t_a, tc_ Product__Type_Ounit) cnf(cls_Tarski Or_A_61_61_Aorder_Acly, axiom)

—c_Relation_Otrans(v_r, t_a) cnf(cls_conjecture, negated_conjecture)
LAT280-2.p Problem about Tarski’s fixed point theorem
—c_Relation_Otrans(v_r, t_a) cnf(cls_conjecture, negated _conjecture)

c-in(v_P, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t-a, tc_.Product__Type_Ounit)) = c_Relation_Otra:
c-in(v_cl, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) cnf(cls-Tarski_O
v_r = c_Tarski_Opotype_Oorder(v_cl, t_a, tc_Product__Type_Ounit) enf(cls_Tarski_Or_A_61_61_Aorder_Acly, axiom)

LAT281-1.p Problem about Tarski’s fixed point theorem

include(’Axioms/LAT006-0.ax’)

include(’ Axioms/MSC001-1.ax’)

include(’ Axioms/MSC001-0.ax’)

(c_Relation_Otrans(v_r,t_a) and c_in(c_Pair(v_V,v_W,t_a,t_a),v_r, tc_prod(t_a, t_a)) and c_in(c_Pair(v_U,v_V,t_a, t_a), v_r, tc
c_in(c_Pair(v_.U,v_-W, t_a, t_a), v_r, tc_prod(t_a, t_a)) cnf(cls_Relation_Otrans__defy, axiom)

c_Relation_Otrans(v_r, t_a) or c_in(c_Pair(c-Main_Otrans__def_; (v_r, t-a), c-Main_Otrans__def_5(v_r, t-a), t_a, t_a), v_r, tc_prod(
c_Relation_Otrans(v_r, t_a) or c.in(c_Pair(c-Main_Otrans__def_o(v_r, t-a), cZMain_Otrans_def_s(v_r, t_a), t_a, t-a), v_r, tc_prod(
c_in(c_Pair(c_Main_Otrans__def_; (v_r, t_a), c_2Main_Otrans__def_s(v_r,t_a), t_a, t-a), v._r, tc_prod(t-a, t_a)) = c_Relation_Otran
v_A = ¢_Tarski_Opotype_Opset(v_cl, t_a, tc_Product__Type_Ounit) cnf(cls_Tarski OA_A _61_61_Apset_Acl,, axiom)
c_in(v_P, ¢_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) = c_Relation_Orefl
c-in(v_P, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t-a, tc_.Product__Type_Ounit)) = c_Relation-Oant
c-in(v_P, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t-a, tc_.Product__Type_Ounit)) = c_Relation_Otra:
(c_Relation_Oantisym(c_Tarski_-Opotype_Oorder(v_P, t_a, tc_Product__Type_Ounit), t-a) and c_Relation_Orefl(c_Tarski_Opots
c_in(v_P, ¢_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) cenf(cls_Tarski-O
c_in(v_cl, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) cnf(cls_Tarski_ O
v_r = c¢_Tarski_Opotype_Oorder(v_cl, t_a, tc_ Product__Type_Ounit) cnf(cls_Tarski Or_A_61_61_Aorder_Acly, axiom)

);
);

c-in(c_Pair(v_a,v_b,t.a,t_a), v.r, tc_prod(t-a, t-a)) cnf(cls_conjecture,, negated_conjecture)
c_in(c_Pair(v_b,v_c,t-a,t-a), v_r, tc_prod(t-a, t_a)) cnf(cls_conjecture; , negated _conjecture)
—c.in(c_Pair(v_a,v_c,t.a,t-a), v.r, tc_prod(t_a, t_a)) cnf(cls_conjecture,, negated_conjecture)
LAT281-2.p Problem about Tarski’s fixed point theorem

c-in(c_Pair(v_a,v_b,t.a,t_a), v.r, tc_prod(t-a, t-a)) cnf(cls_conjecture,, negated_conjecture)
c_in(c_Pair(v_b,v_c,t-a,t-a), v_r, tc_prod(t-a, t_a)) cnf(cls_conjecture; , negated _conjecture)
—c.in(c-Pair(v_a,v_c,t_a,t-a), v.r, tc_prod(t_a, t_a)) cnf(cls_conjecture,, negated_conjecture)

(c_Relation_Otrans(v_r,t_a) and c_in(c_Pair(v_V,v_W,t_a,t_a),v_r, tc_prod(t_a, t_a)) and c_in(c_Pair(v_U,v_V,t_a, t_a), v._r, tc
cin(c_Pair(v_U,v_-W, t_a, t_a), v_r, tc_prod(t_a, t-a)) cnf(cls_Relation_Otrans__defy, axiom)

c-in(v_P, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t-a, tc_.Product__Type_Ounit)) = c_Relation_Otra:
c_in(v_cl, c_Tarski_OPartialOrder, tc_Tarski_Opotype_Opotype__ext__type(t_a, tc_Product__Type_Ounit)) cnf(cls_Tarski_O
v_r = c_Tarski_Opotype_Oorder(v_cl, t_a, tc_Product__Type_Ounit) cenf(cls_Tarski_Or_A_61_61_Aorder_Acly, axiom)

LAT381+1.p Tarski-Knaster fixed point theorem 01, 00 expansion
YVwg: (aSeto(wg) = S$true) fof(mSetSort, axiom)

YVwg: (aElementg(wg) = $true) fof(mElmSort, axiom)

YVwp: (aSeto(wg) = Vwi: (aElementOfy(wy,wg) = aElementg(w;))) fof(mEOfElem, axiom)

Ywo: (aSeto(wg) = (iIsEmpty,(wp) <= —Jw;: aElementOfy (w1, wy))) fof(mDefEmpty, definition)

Ywo: (aSeto(wp) = Yws: (aSubsetOfy(wy,wy) <= (aSeto(w;) and Yws: (aElementOfy(we, w1) = aElementOfy(ws, wy))))



40

Vwo, wi: ((aElemento(wg) and aElementg(w)) = (sdtlseqdty(wo, wi) = $true)) fof(mLessRel, axiom)

Ywo: (aElemento(wg) = sdtlseqdt,(wo,wp)) fof(mARefl, axiom)

Ywo, wy: ((aElemento(wg) and aElementg(w;)) = ((sdtlseqdt(wo, w;) and sdtlseqdty(wy, wo)) = wo = wy)) fof(mASy
Ywg, w1, wa: ((aElemento(wy) and aElemento(w;) and aElemento(ws)) = ((sdtlseqdty(wo,w1) and sdtlseqdty(wr,ws)) =
sdtlseqdty (wo, w2))) fof(mTrans, axiom)

Ywp: (aSeto(wg) = Vwy: (aSubsetOfy(wy,wg) = Vws: (aLowerBoundOfIng (ws, w1, wo) <= (aElementOfy(ws, wg) and Vu
sdtlseqdty(we, ws3)))))) fof(mDefLB, definition)

Ywo: (aSeto(wg) = Yws: (aSubsetOfy(wy, wg) = Vws: (aUpperBoundOfIng (ws, wy, wy) <= (aElementOfy (w2, wy) and Yu
sdtlseqdty(ws, w2)))))) fof(mDefUB, definition)

Ywo: (aSeto(wg) = Vws: (aSubsetOfy (w1, wy) = Vws: (alnfimumOfIng (ws, w1, wo) <= (aElementOfy(ws, wy) and aLower
sdtlseqdty(ws, w2)))))) fof(mDefInf, definition)

Ywg: (aSeto(wg) = Vws: (aSubsetOfy(wy, wp) = Vws: (aSupremumOflng (wa, w1, wy) <= (aElementOfy (w2, wp) and aUp
sdtlseqdty(we, ws3)))))) fof(mDefSup, definition)

aSeto(xT) fof(m_795, hypothesis)

aSubsetOfy (xS, xT) fof(m__725¢1, hypothesis)

aSupremumOfIn, (xu, xS, xT) and aSupremumOfIn,(xv, xS, xT) fof(m_744, hypothesis)

XU = XV fof(m__, conjecture)

LAT382+1.p Tarski-Knaster fixed point theorem 02, 00 expansion

Ywg: (aSeto(wg) = S$true) fof(mSetSort, axiom)

Ywp: (aElementg(wg) = $true) fof(mElmSort, axiom)

Ywo: (aSeto(wg) = Vwi: (aElementOfy(wy,wp) = aElementq(wy))) fof(mEOfElem, axiom)

Ywg: (aSeto(wg) = (IsEmpty,(wp) <= —Jw;: aElementOfy(wy, wp))) fof(mDefEmpty, definition)

Ywo: (aSeto(wp) = Yws: (aSubsetOfy(wy, wy) <= (aSeto(w;) and Yws: (aElementOfy(ws, w1) = aElementOfy(ws, wp))))
YVwo, wy: ((aElementg(wp) and aElementg(wy)) = (sdtlseqdt,(wg,w1) = $true)) fof(mLessRel, axiom)

YVwo: (aElemento(wg) = sdtlseqdt,(wp,wp)) fof(mARefl, axiom)

Vwg, wy: ((aElemento(wp) and aElemento(w;)) = ((sdtlseqdty(wo,w) and sdtlseqdty (w1, wp)) = wo = wy)) fof(mASy
Ywo, wy, wa: ((aElemento(wp) and aElemento(w;) and aElementg(wz)) = ((sdtlseqdty(wo,w1) and sdtlseqdty(wy, wsz)) =
sdtlseqdty(wo, w2))) fof(mTrans, axiom)

Ywg: (aSeto(wg) = Vws: (aSubsetOfy(wy,wy) = Vws: (aLowerBoundOflng (ws, wy,wy) <= (aElementOfy (w2, wo) and Vu
sdtlseqdty(we, ws3)))))) fof(mDefLLB, definition)
Ywg: (aSeto(wg) = Yws: (aSubsetOfy(wy,wg) = Vws: (aUpperBoundOflIn, (ws, w1, wy) <= (aElementOfy (w2, wp) and Yu
sdtlseqdty(ws, w2)))))) fof(mDefUB, definition)
Ywo: (aSeto(wg) = Vws: (aSubsetOfy(wy, wp) = Vws: (alnfimumOfIng (we, w1, wo) <= (aElementOfy(ws, wg) and aLowe
sdtlseqdty (w3, w2)))))) fof(mDefInf, definition)
YVwg: (aSeto(wg) = Vws: (aSubsetOfy(wy, wg) = Vws: (aSupremumOfln, (wa, wy, wy) <= (aElementOfy (w2, wo) and aUp
sdtlseqdty(we, ws3)))))) fof(mDefSup, definition)

Ywg: (aSeto(wg) = Yws: (aSubsetOfy(wy, wg) = Vws, ws: ((aSupremumOfIng(ws, wy, wp) and aSupremumOfln,(ws, w1, wp
wy = w3))) fof(mSupUn, axiom)

aSeto(xT) fof(m_773, hypothesis)

aSubsetOfy (xS, xT) fof(m__773¢1, hypothesis)

alnfimumOfIng (xu, xS, xT) and alnfimumOfIng(xv, xS, xT) fof(m_rg2, hypothesis)

XU = XV fof(m__, conjecture)

LAT389-1.p Short axiom for lattice theory, part 1

((a+b)-(b+a-b)+c)-((a+ ((d+b)-(b+e))-b)-(b+((d-(b-e)+f-b)+b))-(vg+b-((b-vr+f-b)+b)+a-
(((d+b)-(b+e€)-b)+(a+bd)-(b+a-b)-c)=b cnf(sos, axiom)

a-(b+(a+c¢)#a cnf(goals, negated_conjecture)

LAT390-1.p Short axiom for lattice theory, part 2

((a+b)-(b+a-b)+c)-(a+((d+b)-(b+e)-b)- (b+((d-(b-e)+f-b)+b) - (vg+b-((b-vr+[f-b)+b)+a-
((d+b)-(b+e€)-b)+({(a+bd)-(b+a-b)-c)=b cnf(sos, axiom)

a+b-(a-c)#a cnf(goals, negated_conjecture)

LAT391-1.p Short axiom for lattice theory, part 3

((a+b)-(b+a-b)+c)-(a+((d+b)-(b+e)-b)- (b+((d-(b-e)+f-b)+b) - (vg+b-((b-vr+[f-b)+b)+a-
(((d+b)-(b+e€) b))+ ((a+b)-(b+a-b)-c)=b cnf(sos, axiom)

((a+b)-(b+c)-b#b cnf(goals, negated_conjecture)

LAT392-1.p Short axiom for lattice theory, part 4
((a+b)-(b+a-b)+c) - ((a+((d+b)-(b+e€))-b)-(b+((d-(b-e)+f-b)+Db))-(vg+b-((b-vr+f-b)+b)+a-
(((d+b)-(b+e€) b))+ ((a+b)-(b+a-b)-c)=1b cnf(sos, axiom)
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(a-b+b-c)+b#D cnf(goals, negated_conjecture)

LAT393-1.p Ortholattices in terms of Sheffer stroke + ops: associativity

FUf(f(a,b), f(b, ), d), f(b, f(f(b, f(f(a,a),a)),c))) =b  cnf(sos, axiom)

or(a,b) = f(f(a,a), f(b,1)) cnf(s0sgo1, axiom)

and(a,b) = f(f(a,b), f(a,b)) cnf(sosgpz, axiom)

neg(a) = f(a,a) cnf(sosgos, axiom)

f@o, f(f(z1,22), f(x1,22))) # f(21, f(f(20,22), f(x0,22)))  cnf(goals, negated_conjecture)
LAT393-2.p Ortholattices in terms of Sheffer stroke: associativity

FUCf(fasb), f(b ), d), f(b, f(f(b, f(f(a,a),a)),c))) =b  cnf(sos, axiom)

f(@o, f(f(z1,22), f(21,22))) # f(z1, f(f (20, 22), f(20,22))) cnf(goals, negated_conjecture)
LAT394-1.p Ortholattices in terms of Sheffer stroke + usual operations: unit

FU(fasb), f(b o), d), f(b, f(f(b, f(f(a,a),a)),c))) =b  cnf(sos, axiom)

or(a,b) = f(f(a,a), f(b,1)) cnf(s0sgp1, axiom)

and(a,b) = f(f(a,b), f(a,b)) cnf(s0sgp2, axiom)

neg(a) = f(a,a) cnf(s0sgos, axiom)

f(zo, f(xo,0)) # f(z1, f(21,21)) cnf(goals, negated_conjecture)

LAT394-2.p Ortholattices in terms of Sheffer stroke: unit

FU(f(f(a,b), f(b, ), d), f(b, f(f(b, f(f(a,a),a)),c))) =b  cnf(sos, axiom)
f(zo, f(xo,0)) # f(21, f(21,21)) cnf(goals, negated_conjecture)

LAT395-1.p Lattice theory (equality) axioms
include(’Axioms/LAT001-0.ax”)
include(’Axioms/LAT001-1.ax’)
include(’Axioms/LAT001-2.ax’)
include(’Axioms/LAT001-3.ax’)

LAT396-1.p Lattice theory (equality) axioms
include(’Axioms/LAT001-0.ax’)
include(’Axioms/LAT001-4.ax’)



